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Abstract

Though vehicles that use legs for locomotion promise superior mobility and versatility, very
little is known about their design and control. Balance, resonance, and dynamic control are key
issues underlying high performance legged systems, both man-made and biological, yet
understanding in these areas is particularly lacking. We focus attention on these important problems
by studying hopping systems that have only one leg. A one-legged system must hop to locomote,
must balance to hop, and must be dynamically controlled at all times to balance.

An ideal one-legged planar hopping machine is presented with its equations of motion.
Control is decomposed into a vertical hopping part and a horizontal balance part. A total vertical
energy measure is used to control uniformity of hopping height when there are mechanical losses and
irregular terrains. Balance and control of horizontal translation are explored through implementation
of three controllers: a linear feedback controller, a stance controller, and a new table look-up
controller.

The design and operation of a physical planar hopping machine is discussed, along with
preliminary experimental results for vertical control. Three new designs for experimental vehicles that
operate in 3-space are presented. Two are mechanically simple designs with functional symmetry;
the third is a preliminary concept for a multi-legged balancing vehicle that is optimized for toward
motion.
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1. Introduction and Summary

One need only watch a few slow motion instant replays on Saturday afternoon sports
television to be amazed by the variety and complexity of ways a human can carry, swing, toss, glide,
and otherwise propel his body through space. Orientation, balance, and control are maintained at all
times without apparent effort, while the ball is dunked, the bar is jumped, or the base is stolen. Such
spectacular performance is not confined to the sports arena -- behavior observable at any school
playground is equally impressive from a mechanical engineering, sensory motor integration, or
computer science point of view. The final wonder comes when we observe the one year old infant's
first wobbly steps with the knowledge that running and jumping will soon be learned and added to the
repertoire. Animals also demonstrate feats of agility that make them able to move quickly and reliably
over flat, hilly, and mountainous terrain, through forest, swamp, marsh and jungle, and some move
very quickly in the open or from tree to tree.

Despite excellence in using his own legs to locomote, man is still at a primitive stage in the
development and construction of legged vehicles. So far his designs do not exhibit the mobility,
agility, versatility, and energy advantages of biological legged systems. They are slow, ponderous,
and rarely leave the laboratory. We have neither theory nor understanding of legged locomotion to
explain the behavior we see in natural systems, nor to build machines with similar properties. As a
result our mobility is generally limited by dependence on roads, runways, the beasts of burden, and
our own two feet.

The work reported here describes modelling, simulation, design, and physical experiments
with new types of legged locomotion systems. Our long term goal is to develop a systematic
understanding of the legged locomotion problem in biology and in robotics. This will help to
determine the potential benefits for domestic and military exploitation, to provide the scientific
foundation upon which useful transportation systems may be constructed, and to help explain the
behavior we observe in naturally occurring legged systems. No such understanding is available today
and its lack is sorely felt.

Our shorter term objective is to do experiments that let us explore the basic issues underlying
balance, dynamic control, and resonant oscillatory behavior as they affect legged systems. Our
choice of these issues was triggered by two observations:

• Most biological walkers larger than insects depend on active balance and dynamic
stability as basic operating principles. Existing man-made walking machines rely solely
on static techniques for support.

« Biological systems have elastic muscles and tendons that participate in resonant
mechanical oscillations during locomotion [4,186], whereas man-made walkers usually
have rigid legs with no suspension.

We have taken these observations to heart in formulating our studies of legged locomotion. The 'main
issues then are balance and resonant oscillation. Our method of focussing on these issues is to



experiment with hopping systems having only a single leg -- neither balance nor oscillation may be
ignored. Because only one gait is possible for a one legged device [169], the problem of gait
selection is particularly simple and does not distract us from the central issues of this research.

During walking, running, and hopping, legs do two things. They store energy in springy
muscle and tendon when the leg shortens, returning some of it when they lengthen, and they move
back and forth to propel and to provide balance. We have modelled this behavior in an experimental
vehicle with a single leg that changes length by means of a large spring, and a simple rotary hip that
moves the leg back and forth. We call this model the Ideal Planar Hopper. (See Fig. 2-1.)

We decompose control of the planar hopper into two parts, a vertical hopping part and a
horizontal balance part. The primary role of the vertical controller is to establish a regular framework
within which alternating stance phases and transfer phases occur. The basic timing and rhythm of
locomotion is governed by this vertical oscillatory system. The horizontal part is responsible for
balancing the system and causing it to translate from place to place. All the actions of the horizontal
part are synchronized by key events in the vertical hopping cycle.

It is the purpose of vertical control to achieve stable, energy efficient hopping that provides a
framework within which locomotion can take place. We developed an asynchronous hopping cycle in
which each control action is keyed to one of four events: LIFTOFF - the foot leaves the ground, PEAK -
the vehicle is momentarily suspended in air at the top of a hop, TOUCH-DOWN - the foot touches the
ground during landing, and BOTTOM - the leg is shortened at the bottom of a hop. We found that a
measure of total vertical energy in the locomotion system is useful in predicting and controlling
hopping altitude, despite mechanical losses and irregular terrains.

There are two ways to control horizontal behavior of the hopper. One is to manipulate
placement of the foot just before TOUCH-DOWN - placement will determine the direction of falling
during the subsequent stance period. The other way is to apply torque to the hip during stance,
thereby changing the angular momentum of the body. We have experimented with three methods for
balance, two that only use foot placement, and a third that combines foot placement with hip torque.

Linear Foot Placement
This first method determines foot placement as a linear function of errors in the
three important state variables: body angle #2, body angular rate #2, and
horizontal body rate x2 as defined in Figure 2-1. The leg is positioned just before
TOUCH-DOWN so that the horizontal distance between the foot and the projection
of the vehicle's center of gravity is specified by this linear function. In simulation
we have found that this simple approach is very good at maintaining balance. A
wide variety of Initial conditions and disturbances are permissible without causing
crashes. However, we also found that limit cycles in horizontal velocity are hard to
avoid.



Predictive State Space Method
As a follow-up to Raibert's earlier work on robot manipulator dynamics [227, 228],
we explored a control method that uses a large table - about 10,000 numbers - to
control the simulated hopper. The Predictive State Space Method is able to make
a very useful prediction just before each TOUCH-DOWN - for each possible foot
placement it predicts the vehicle's state at the time of next LIFT-OFF. These
predictions are used to select the best foot placement at TOUCH-DOWN during
each hopping cycle. This table look-up method provides a tabular solution to the
vehicle's nonlinear equations of motion, where no closed form solution is known.

The performance of the predictive state space controller is very good. Not only
can it balance and perform well controlled translations, but in contrast to the
linear method, horizontal velocity is controlled with great precision.

Sweep Control Sweep control grew from a simple observation: During the stance part of constant
velocity horizontal locomotion, a legged vehicle's center of gravity translates by a
predictable amount at a fixed rate. Therefore, it is possible to plan a sweeping
motion of the leg during stance such that: a) the constant horizontal velocity of the
body is not impeded, and b) balance is maintained. This form of control combines
foot placement with hip torque. For the special case of zero horizontal velocity,
the method simplifies to the linear controller described above.

Simulations of sweep control have provided our most exciting results to date.
Very high horizontal velocities are achievable, stability is very good, and the
resulting locomotion begins to look very like the behavior of biological systems.
Figure 1-1 shows a sequence of vehicle positions obtained in a simulation of
sweep control.

LIFT-OFF
I

TOP

I

TOUCH-DOWN

1

Figure 1-1; Sequence taken from simulation of sweep control. One frame
every .1 sec. The x-axts has been stretched to make the figure clearer. Actual
translation during flight is about equal to the width of the vehicle.



We have designed and fabricated a physical hopping machine that serves as a testbed for the
ideas developed through analysis and simulation. Figure 1-2 is a photograph of the planar hopping
machine in its present state. Two pneumatic cylinders act together under computer control to excite
vertical oscillations, and to balance through horizontal leg motion. Presently, all sensory information
is provided by an electro-optical sensor, Selspot, that watches the hopper's behavior from a nearby
tripod. Other sensors are in various stages of development: linear encoder, rate gyro, down looking
sonar, and more sophisticated use of the Selspot.

We have implemented a very simple vertical control that excites and maintains resonant
hopping oscillations in the physical hopper. Our design goal of three inch ground clearance on each
hop is now achieved consistently since improving the mechanical design of the system's air bearings
and the leg's linear bearing. We have begun work on controlling balance, but have no results at the
time of this writing. Our progress in achieving balance has been delayed because of a bad design
decision made early in the project: Bang-bang pneumatic control of coupled actuators is a tricky
business that is best avoided. We discuss plans to overcome difficulties imposed by this problem.

We have begun to explore locomotion in three dimensions. Three preliminary mechanical
designs are presented for one-legged experimental vehicles that will locomote in 3-space without
mechanical support. Two are candidates for experiments in the coming months - the third is a
design that looks to the future when multi-legged vehicles will incorporate balancing control systems.
As with our planar work, the major emphasis is on balance and resonance. Elastic elements play a
central role in all three vehicles providing energy conservative vertical motion and high performance
balance motion. These new designs incorporate improvements based on what we are learning from
the planar hopper.
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2. Analysis and Simulation of Planar Hopping

2.1 A Simple Model

A seed that lead to these studies was planted when we noticed that during locomotion
biological legs do two things: they change length and they change angle. It usually doesn't matter,
whether the animal is walking, running or hopping, or whether the leg is part of a quadruped, biped,
or monoped (eg. hopping kangaroo).

Legs change length to propel the body forward and upward, and to reduce their own
moments of inertia when they swing forward. They absorb energy in springy muscle and tendon
during landing, and return it during take-off. Legs also swing back and forth. This motion permits
feet to be precisely positioned with respect to an animal's center of gravity, and permits torques to be
applied to change angular momentum.

Figure 2-1: Diagram of ideal one legged hopping mechanism, ideal Planar
Hopper,
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We have modelled this behavior in a vehicle with a single leg that changes length under the
influence of a large spring, and that rotates about a simple rotary hip. This very simple model
captures what is important in dynamic locomotion while avoiding the complications implicit in
systems with many legs. Figure 2-1 shows the idealized mechanical system under study. A leg of
mass Mr moment of inertia lt is connected to a body of mass M2 moment of inertia l2. A joint between
these links permits linear sliding motion and rotation. Control torque u^t) is applied to a rotary joint at
the hip. Linear motion of the body sliding on the leg is controlled by a spring of stiffness K and
length w in series with a linear position source of length u2(t). The linear actuator adjusts the spacing
between the body and spring to control forces acting between the leg and body. A mechanical stop,
modelled as a very stiff region of the main spring, limits extension of the main spring beyond its rest
length. For w > wn + uo the spring becomes stiff, K = K , and damped, B = Bo .

The ground is modelled as a two dimensional spring and damper ( K , BQ ). One spring acts
vertically, the other horizontally, with no interaction. This spring and damper influences the hopper
only when the foot is in contact with the ground, yQ < 0. Each time the foot touches the ground the
rest position of the horizontal ground spring is reset.

Equations of motion for the entire mechanical system are found in Appendix I. Since we have
no closed form solution to these differential equations, a numerical algorithm is used to determine the
system's behavior as a function of time. All the simulations discussed below are accomplished by
using such numerical solutions in conjunction with the controllers being studied. The numerical
constants used throughout the paper are given in Appendix II.

2.2 Control

There are two sets of behaviors that are central to our study of planar hopping: vertical
oscillation and horizontal balance. The vertical part involves generating a stable series of resonant
oscillations that take a system off the ground and control the height of each jump. The horizontal part
must maintain balance during hopping, and achieve the correct lateral position and translation over a
support surface.

2.2.1 Vertical Control - Hopping

Unlike a wheel which changes its point of support continuously and gradually while bearing
weight, a leg changes its point of support all at once and must be unloaded to do so. Therefore, in
order for a legged system to progress there must be a framework of activity for each teg in which
there is a time when the leg bears weight and the foot cannot be moved, and another time when, the
leg is unloaded and the foot free to move. Such an alternation between a loaded phase, called
stance, and an unloaded phase, transfer, is found in every form of legged locomotion. For systems
with a single leg or a set of legs that act together, the transfer phase is also the flight phase, and we
call the alternation cycle hopping. To first order a vertical controller is responsible for providing such
an alternation framework.



We have designed a vertical controller that:

• Initiates hopping

• Controls the height of hopping

• Maintains stable hopping during horizontal control

• Terminates hopping

The basic mechanism through which each of these actions is accomplished is controlled excitation of
a spring/mass gravity/mass oscillator. Hopping is initiated by exciting the spring/mass oscillator
with a linear actuator until escape velocity is reached -- when inertial forces are sufficient to
overcome gravity the foot leaves the ground and hopping begins. At this point the system becomes a
spring/mass-gravity/mass oscillator. Four events in the oscillation cycle are of particular interest:

• LIFT-OFF - the moment the foot leaves the ground

• PEAK - the point in flight when vertical velocity changes from positive to negative

• TOUCH-DOWN - when foot first touches the ground

• BOTTOM - when vertical velocity changes from negative to positive

To understand regulation of a hopping system's vertical behavior it is useful to think about
energy, its storage and its dissipation. Consider the simplified case in which $v 9V 8T and 0* are all
small and neglected -- motion is primarily vertical. For the present model there are six ways energy
can be stored:

1. Kinetic energy of body

2. Kinetic energy of leg

3. Gravitational potential of body

4. Gravitational potential of leg

5. Elastic potential of the main spring (including mechanical stop)

6. Elastic potential of the support surface, the ground

Therefore, the total vertical energy during stance is:

KE(M2) + PE^M,) + PEe(M2) (2.1)

2 + .5 KQy^

where
PE - gravitational potential energy
PEe • elastic .potential energy
KE - kinetic energy
g »acceleration of gravity
wo is the rest length of the spring.

Notice that we have chosen expressions for potential energy that are zero when the hopper is
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standing vertically with the main spring extended and the foot just touching the ground. This will
make the analysis simpler later. Ignoring windage which is typically less than 5% of the total, there
are two ways energy can be lost:

1. Damping in main spring (including mechanical stop)
2. Damping in ground spring.

There are two events in a hopping cycle during which most energy loss occurs. At TOUCH-

DOWN most of the leg's kinetic energy is dissipated by ground damping1:

where
ŷ  TD_ is the velocity just before TOUCH-DOWN.
Subscript T D - means just before TOUCH-DOWN.

At LIFT-OFF damping in the main spring's mechanical stop, the stiff region, dissipates a fraction of the
system's kinetic energy:

where
KE rt (Mo) is the total kinetic energy
. p LO~ ^

\J2 ir is the vertical velocity of the body just before LIFT-OFF

Subscript LO- means just before LIFT-OFF.

The fraction, M1/(M1 + M2) was found by equating linear momentum before and after LIFT-OFF. It's
Interesting that this loss is minimized when the leg/body mass ratio is minimized, ie. when unsprung
mass is minimized.

In addition to these energy losses there is an energy source, the linear actuator of length u2.
Since this actuator is in series with a spring it does work on the system when it changes length. If u2

instantaneously changes from u2, to u2 . + Au2? then there is an energy change:

AEu = Ks [ .5 Au^ + Au 2 (wQ-w + u2J) J (2.4)

Actually this actuator can also be an energy sink -- when Au2 is negative total energy is reduced. Also
note that the magnitude of AE depends on w - more work is done when the main spring is
compressed than when it is relaxed. Therefore, lengthening the actuator at BOTTOM and shortening
during flight causes the total energy in the system to increase on each hop. On the other hand,
shortening the actuator at BOTTOM and lengthening during flight causes the total energy in the system
to decrease, eventually to zero.

There is actually ground damping throughout stance, but such tosses are generally smaM.
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Now we are ready to control hopping height, H. If the main spring is at equilibrium during
flight, all energy takes the form of gravitational potential at PEAK where y2 = 0 by definition.
Therefore, for the case when the vertical actuator is inactive we can predict the height of the next hop
at any time during stance. We assume complete state information to be available and neglect ground
losses after TOUCH-DOWN. At LIFT-OFF the total vertical energy takes the form of kinetic energy:

We know from (2.3) that there is a fractional loss of kinetic energy at LIFT-OFF. Combining (2.3) and
(2.1) we get the total energy during flight:

Now this result can be used to control hopping height. For the body to hop to height H the total
vertical energy must be:

EH = M i 9 [ H - r2cos(«2) - (w^r^s ln^) ] + M2gH (2.7)

So at all times during stance the energy that must be supplied or removed by the vertical actuator to
produce a hop of height H is:

A E H = EH "

From (2.4) and (2,8) the linear actuator must extend by:

Au2 - -{u2 - w + w^ + (u2 - wQ + w r + ——a (2.9)

Actually, If (2,6) can be evaluated rapidly enough, it is not necessary to use (2.9). On each control
cycle the sign of AE can be used to determine if u2 should be lengthened or shortened1.

This method was used to control the height of hopping In simulation. At BOTTOM, indicated by
y0 changing sign from negative to positive, (2.1) and (2.6) are used to predict hopping height. o2 Is
then lengthened or shortened accordingly. Figure 2-2 plots the vertical position of the foot and the
body during a period of increasing hopping height, and during stable hopping. Starting at rest, the
system executes a positive work cycle on each hop until the vertical energy increases to the correct
value* Then it maintains this level The finite response time of a physical actuator Is simulated by
making u2 increase or decrease with a quadratic trajectory. Since the range of the linear actuator
stroke is finite the energy that can be injected on a single cycle is limited. Therefore, a number of
cycles may be required to achieve a desired energy and height.

In these simulations shortening occurs during TOUCH-DOWN by letting the foot just touch the
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Figure 2-2: Vertical hopping. Starting from rest, total energy is increased
until desired hopping height is attained. Hopping height is regulated through
control of vertical actuator u^.

ground until the actuator is fully shortened. If there were no losses in the system it would not be
necessary to activate u2 once a desired height of hopping was achieved. However, since there are
losses it is necessary to replace the energy lost on each hop to get level hopping. The vertical
controller injects or extracts the right amount of energy to achieve a desired hopping height based on
of total vertical energy at BOTTOM.

It is sometimes useful to describe the vertical control cycle in the phase plane. If we plot body
velocity on the abscissa and body altitude with respect to its resting altitude on the ordinate we obtain
a phase plot. (See Figure 2-3.) Note the parabolic trajectory during flight caused by the constant
gravitational acceleration, and the circular trajectory during stance due to the spring. The four events
mentioned earlier, LIFT-OFF, PEAK, TOUCH-DOWN, and BOTTOM, were chosen as control points to
synchronize actions of the controller with ongoing behavior of the hopping system. Use of these
events as control switching points allows a simple and reliable asynchronous implementation.

Figure 2-4 plots vertical energy during two cycles of fixed height hopping (ie. from time 7.5 to
9.3 in Figure 2-2). A lossless system would produce a perfectly flat total energy line. It can be seen
that the primary losses occur when the foot strikes the ground, and when it leaves the ground.
Energy increases during the latter part of stance, when the actuator lengthens. There is also a small
energy increase when the actuator shortens, however this energy is dissipated by damping in the
mechanical stop. These data are replotted in polar form in Figure 2-5a. In this figure radius is the
magnitude of total energy, and angle is Arctan(y2/y2), A lossless system would produce a perfectly
circular total energy line. In this plot the curve crosses the axes at the same synchronization points
LIFT-OFF, PEAK, TOUCH-DOWN, a n d BOTTOM.
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Figure 2-3: Phase plot for vertical hopping. Four control events are indicated
where curve crosses axes. Data from stable part of Figure 2-2.

Figure 2-5b plots energy for the initial section of Figure 2-2. The spiral depicts the start-up
period during' which the system energy is pumped up. It takes a few cycles to achieve desired
hopping height. Figure 2-6 shows an 80 second sequence of vertical hopping in which desired height
is adjusted up and down. The ability to regulate height during vertical hopping is clearly
demonstrated here, Notice the difference between the speed of the actively controlled descent
beginning at t = 45 and the passive descent beginning at t = 65.

tt Is interesting that the time at which the leg is shortened during a steady state hop cycle can
be manipulated1 to optimize a variety of criteria:

» When the leg is shortened at LIFT-OFF, ground clearance of the foot during flight is
optimized. This Is important when terrain is uneven or when large horizontal sweeps of
the leg will occur during flight, as when translating at high speed. If the leg is not short
during these sweeps stubbing the toe is hard to avoid. Shortening at LIFT-OFF also
minimizes the leg's moment of inertia during Right, so the leg can be swung forward
faster and with tess angular effect on the 'body.

• When shortening occurs ui PEAK the time between vertical actuations is maximized. This
strategy could permit use of art actuator of lower bandwidth.

• if shortening occurs upon TOUCH-DOWN, then the ground impact forces on the foot are
minimized. This strategy is normally used by humans when they are asked to hop in place
on a fiat floor.
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Figure 2-4: Vertical energy for two hopping cycles at constant height. Total
energy, kinetic energy, gravitational potential, and elastic potential are shown.
Primary losses of energy are at TOUCH-DOWN and LIFT-OFF. Data from Fig. 2-2.

Figyre 2-5: Total energy plotted in polar form. Radius is magnitude °* energy,
angle Is Arctan{y2/y2)» Left) Data of Figure 2*4 replotted, Right) Period during
which hopping height increases. (Circles indicates 50 joules.)
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Figure 2-6: Vertical hopping sequence. At times t = 9, 15, 25, 35, 45, 55, 65
desired hopping height H = 1.7, 2.0, 1.6, 1.9, 1.4, 1.9, 1.4. The descent
beginning at t = 65 is passive.

It is also possible to shorten the leg at LIFT-OFF, lengthen it again just before the next TOUCH-

DOWN, and let it shorten during the landing. This strategy, apparently used by humans when running,
maximizes ground clearance and minimizes impact forces on the foot. However this is accomplished
at the expense of additional actuator bandwidth. Although more energy is required, for these extra
lengthening and shortening motions, the leg can be swung forward more efficiently with its lower
moment of inertia.

2,2.2 Horizontal Control - Balance

A horizontal controller maintains balance and controls lateral motion. There are two parts to
the control of horizontal and angular behavior of a legged' hopping system: a part that works while the
vehicle is In tight, and a part that works while the vehicle is in stance. During flight the leg can be
moved to change the horizontal distance between the foot and the center of gravity. This distance
will affect the direction of failing during the subsequent stance period. During stance torques- applied
to the hip directly modify the body's angylar momentum.

Here we dtserib© three methods for balance, two that only position the foot during flight, and
a third that combines foot placement with hip torque. Biological systems usually employ both foot
placement and hip torque for balance. However, the use of simpler algorithms in our experimented
permits the foot placement component of balance to be examined1 more clearly in isolation. The third
algorithm is more practical, demonstrating high performance.
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All horizontal control techniques we've explored operate within a framework. One part of the
framework is the regular cyclic activity of vertical hopping that synchronizes the flow of balancing
activity. The four events of hopping, LIFT-OFF, PEAK, TOUCH-DOWN, and BOTTOM play an important role
here. For instance, all of our methods start positioning the foot at PEAK and finish doing so just before
TOUCH-DOWN. So in this case vertical hopping events regulate the flow of horizontal control events.

In addition to this timing part of the framework there is a second hierarchical part. In the
context of the one legged model, we analyze horizontal control as a three level process:

• At the highest level desired trajectories of horizontal motion, x2(t) are controlled by
manipulating the vehicle's state. It generally takes many hops to substantially modify
horizontal position, so this is a low-bandwidth process. The input to this task level are
user specified trajectories, and the output is a set of state variables: (#2, #2, x2) =
F[x2d(t)].

• The middle level of control is where we focus most of our attention. At this level vehicle
state variables are controlled by manipulating the leg, either its angular position at
TOUCH-DOWN or its motion during stance. This process acts once each hop, so it
generally takes a few hop cycles to achieve a desired state. The inputs to this state level
are state trajectories generated by the task level. The output selects leg angle or foot
placement: *1 J D = F[ 62d, 62& k^ \

• At the lowest level2 desired leg angles are controlled by manipulating torque at the hip.
This process runs at the servo rate of the hardware controller, executing many
measurement/control cycles per hop -- a 10 msec control cycle is typical. The inputs to
this servo level are leg angles specified by the state controller, and the output is an
actuator control signal: u2(t) = F[01 d ] . For all the experiments reported here the
following PD controller is used to position the leg:

u,(t) = K p (V* 1 d ) + Kv(V* i d > (2.10)

For the present work the task control level is provided by an operator who runs the simulation
or experiment. The servo level is fixed for all experiments as given in (2.10), though the gains may
vary from experiment to experiment. The main focus of our work is on the state level. At this level the
leg is positioned before each TOUCH-DOWN SO that the state at next LIFT-OFF is optimized and the
behavior of the leg during stance is specified. The following sections describe a number of
approaches to state control

2.2.2.1 Foot Placement Control

The simplest form of horizontal control we explored uses information about the vehicle's
center of gravity plus linear feedback to specify foot placement during each TOUCH-DOWN* Dur
intention was to study a pure foot placement controller, in which no attempt is made to control
balance during stance. Actually, during stance the controller maintains a constant hip angle between
body and leg, so the vehicle behaves tike a rigid inverted pendulum during this period.

2
Within the actuator and its support system there are likely to be additional1 low levels erf control.
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Two factors determine where the foot is placed: projection of center of gravity and errors in
state. A linear function of errors in state generates a displacement, x which is added to the
projection of the center of gravity, xCQ. A leg angle is calculated that will place the foot at this point.
Since the leg has mass, movement of the leg changes the projection of the center of gravity -
simultaneous equations must be solved. The following analysis is done in a moving coordinate
system fixed to the vehicle's hip:

First we find horizontal position of center of gravity:

^
«

The following linear combination of state errors provides corrective feedback:

x
ERfl - »<1< W + W a ) + K3<X2 - X2d)

Placing foot at desired spot requires that:

i = XCG + XERR (2.13)

Substituting (2.11) into (2.13) and solving for foot placement with respect to hip and leg TOUCH-DOWN

angle:

r o M o S in ( t f J (M , + Mo)x
# = Arcsin -£-2 l Z. x l 2L^m (2.15)

r M + wM

r1M l + wM2

Figure 2-7 plots 02(t), $2{t)t and x2(t) for a step in horizontal position achieved with this linear
foot placement method. Simple rate control is used at the top level to control horizontal position. The
lowest level servo controller is given by (2.10) with parameters specified in Appendix II. Balance
using this method is remarkably stable -- translations at a variety of rates and with different body
attitudes are achieved while maintaining the upright posture.

A limitation of the method is the maximum achievable rate of translation. This is limited to
about 0.5 m/sec by the relatively restricted motion of the leg while in stance. Also, limit cycte
oscillations in horizontal velocity, observable in Figure 2-7, are difficult to avoid. Some of this may be
due to the ad hoc procedure used to select the feedback gains, K^ Ky and K3 « they were adjusted
by hand based on observed performance,

The above work focysed solely on the role of foot placement in horizontal control so tiiat we
could set a clear picture of its contribution. It was found that balance and translation can be
achieved, though transnational progress is very slow and an unnatural, hunched posture is required.
The back and forth sweeping motions normally made by bioiogical legs when walking, running, or
hopping are absent. We now explore the crucial role played by hip torque during stance, awl 9m
how this additional mechanism enriches behavior.
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Figure 2-7: Horizontal position step controlled by linear method.

2.2.2.2.Stance Control

As we have said, there are two mechanisms that can contribute to balance: foot placement at
TOUCH-DOWN, and leg motion during stance. In this section we describe a very simple approach to
horizontal control that employs foot placement and hip torque during stance. The method examined
is actually a generalization of the previous work on foot placement, as you will see.

What should a hip actuator do during stance? During ideal steady state translation a vehicle
undergoes no horizontal acceleration. Therefore, there is a constraint on relative horizontal motion
between foot and body for nominal translation at constant velocity. It can be satisfied throughout
stance by choosing appropriate leg angles for vertical positions of the body. Satisfying this constraint
causes the leg to sweep a range of angles while the foot is touching the ground.

For each stance period there is a locus of points over which the vehicle's center of gravity
passes. We call such loci CG-prints3. Balance of the vehicle is least disturbed when the center of

Analogous to footprints.
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gravity spends equal time in front of.the foot, and equal time behind it. Therefore, under nominal,
steady state conditions balance is accomplished by placing the foot in the center of the next CG-print,
a point that can be predicted from x2 and x2. When state variables deviate from their desired values,
foot placement must deviate from its nominal position -- the foot is placed toward the front or rear of
the CG-print in order to correct state errors. Figure 2-8 illustrates the three cases possible.

xL xT.

Figure 2-8: Three possible cases during stance period: a) Foot fe placed m
center of region swept by projection of center of gravity, the CG-print, b) Foot Is
placed toward rear of CG-print, causing body to fall forward during stance
interval, c) Foot is place toward front of CG-print, causing body to fall rearward
during stance interval.

If we know in advance the duration of stance, the horizontal velocity of the body, and the
geometry of the vehicle, then we can calculate an appropriate teg angle for TOUCH-DOWN and a
sweeping function. To first order the time spent in stance Is determined by the main spring and body
mass. The natural frequency of this oscillating system is:

M2

The vehicle spends about a half cycle on the ground, so the duration of stance is:

(2.16)

STANCE
(2.17)

For transiationat velocity x the horizontal distance traversed by the body during stance, the length of

the CG-print is:

Ax m xT (2.18)
STANCE STANCE % i

The center of the CG-print is calculated In the same way that x | 0 is calculated for the linear foot
placement method. We repeat (2.11), (2,12). (2.13), (2.14) and (2.15) here for convenience. First f i e
horizontal position of center of gravity:
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x

CG M 1

Linear error function:

" X2d>

Factor in leg mass:

wSin(^) = xcG + xERR (2.21)

Solving for the center of the foot's sweep during stance with respect to hip:

Y = W ^
CENTER r i M i + wM2

Foot placement at touchdown, then is:

X = X + STANCE
TD CENTER ^

For vertical hopping in place, where X2 T D = 0, (2.23) reduces to (2.14) of the linear foot placement
method. Now the linear sweeping rule. At time t during stance:

STANCE

6 At) = Arcsin ( —) (2.25)
w

We have implemented simulations of linear sweep control that show dramatic improvements
in the quality and speed of horizontal locomotion over the linear position method. Figure 2-9 shows a
.75 m/sec translation. In this plot the horizontal velocity is well controlled. Body attitude is stable in
an upright position. The cartoon of Figure 2-10 lets one more easily visualize the results of this
simulation.

A variation of the above stance control method is used when desired horizontal velocity is not
constant as originally assumed for the derivation. During horizontal acceleration instead of
determining foot placement and sweep magnitude solely on the basis of X2TD' as done in (2.18) and
(2.23), a compromise between actual and desired velocity is used:

where
AXMAX is the maximum allowed acceleration
x2 . is the desired horizontal velocity.

This algorithm stretches the leg forward and lengthens the stride in order to accelerate. Velocity is
automatically ramped up or down with roughly constant acceleration. Figure 2-11 shows data plotted
for the case where the vehicle starts at rest with desired velocity of 4 m/sec. Figure 2-12 replots the
data of 2-11 in cartoon form where the sequence of positions can be visualized.
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Figure 2-9: Sweep control with constant horizontal velocity of .75 m/sec.

Figure 2-10-: The data of Figure 2-9 replotted in cartoon form. Dotted ines
indicate path of body and foot. 40 msec/clot* 1 sec/stick figure.

The data shown here are by far the best we have produced for any form of horizontal control.
However, there are still some problems. It turns out that at high speeds stubbing the toe Is difficult to
avoid with a leg of the present design. For this reason an articulated leg that can substantially retract
is important for achieving very high velocity translation.
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Figure 2-11: Sweep control with horizontal acceleration.

7
Figu re 2-12: Cartoon of data from Fig. 2-11. 20 msec/dot, .6 sec/stick figure.
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2.2.2.3 Predictive State Space Method

Another set of experiments was conducted using an entirely new method of control that
extends Raibert's State Space Memory Method [227]. The Predictive State Space Method is a means
of solving the complete nonlinear dynamics for a hopping system without having to do lengthy
calculations or numerical integrations in real time. Instead, a large table is maintained in which are
stored future state data. Each address into the table is a function of the current state and a control
vector. At each such address is stored the corresponding future state.

The predictive state space method is a dynamic inverse method, in that knowledge of the
relationship between desired system state and available control actions is used to choose an
appropriate control We motivate this approach by casting the balance problem for a hopping
mechanism in the following terms:

Given complete state information at the time of TOUCH-DOWN, what leg-body angle
maintained throughout stance will move the system to minimize the state error at the time
of next LIFT-OFF?

The predictive state space method is a way of predicting state at a future time, tpJ based on
augmented state at the present time, tp. We define a multi-dimensional vector space F such that each
dimension of F corresponds to one element of an augmented system state vector, X. The
components of X are n state variables and / control variables. For each point in F there is a future
state vector that predicts the state of the system at a specific time in the future, t2 -- the present
augmented state vector points to a future state vector.

If such a vector field is accessed at TOUCH-DOWN, and if the future state vectors correspond to
the time of next LIFT-OFF, and if the / control signals are completely determined by their values at LIFT-

OFF, then control is achieved as follows: At each TOUCH-DOWN the current state vector exclusive of
the / control elements determines an /-subfield of F. By minimizing a performance index over this
subfield a best future state vector is found. The location of the best future state vector in the subfield
indicates best values for the / control variables.

When each dimension of F is quantized, this approach can be implemented with a finite
memory. For n state variables and i control variables, each quantized to M values, there are Mn+i

hyper-regions, each storing n values. A Nyquist like sampling rate applies to the selection of M - the
table must be quantized at a fine enough level to capture the bandwidth present in the variations of
future state.

At one event, tp the predictive state space method makes predictions concerning another
event, t . During the interval that separates these events the system control variables must behave in
a restricted way - they roust vary over the interval with at most i degrees of freedom. That is, for each'
augmented state at tp» there is exactly one control trajectory during the interval. The question of
finding suitable control functions of augmented state is an open problem.
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What will the state be at tp for a given augmented state at tp? Such data may be obtained by
simulation, by evaluating closed form solutions, or by making measurements on a behaving system.
Though it has not yet been attempted, data could be obtained by taking measurements from a
physical, behaving system. Such a learning controller would benefit from experience gained in
practice, and could adapt to changes in the mechanical characteristics of the system [227].

What has been described so far has no specific connection to legged locomotion. But let us
ask, what happens if some parts of the mechanical system we are trying to control engage in very
regular repeatable activity. Does that make the problem easier or reduce its dimensionality? Normally
to control a system, we would have to include all state and control variables in the augmented state
vector. However, for a locomotion system engaging in regular rhythmic vertical hopping, to first order
the vertical state variables (eg. w, w, y , y u2) always have the same value at TOUCH-DOWN and follow
nearly the same trajectory throughout stance. Therefore these variables can each be quantized to
one level rather than M, resulting in dramatic reductions in table size.

We have used the predictive state space method to control the planar hopper. Body angle #2,
body angular rate <?2, and horizontal velocity x2 are state variables that access a table, n = 3. Leg
angle 6 ̂  is a control variable, / = 1. These variables index a 4 dimensional space. Each dimension of
the memory is quantized to nine levels, M = 9, requiring that nM/ + /1 = 19,683 values be stored. To
compensate for such a course quantization, linear interpolation is performed when accessing the
memory.

We obtained tabular data for these experiments by simulating a large set of TOUCH-DOWN •
stance - LIFT-OFF cycles with systematically varied initial conditions. As in the earlier work on linear
feedback, the angle between leg and hip, O^-B^ is held constant during stance. Therefore, the
controller determines a value for control variable 6^ at TOUCH-DOWN, and its behavior until LIFT-OFF is
determined by the augmented state vector, in this case a subvector, [0V6^.

Use of the table requires that a search be performed for the hyper-region containing the state
vector that minimizes a performance index. We employed a quadratic index:

PI = ( W ' a / + Q2<V*a/ + QA-^a/ <2-27>

where:
Q.tQo,Qo are weights chosen by the user

^ i - M ^ ' w are desired values.

Figure 2-13 plots the body angle and horizontal position of the hopper for a drop balance test.
In this test the hopper is dropped from a height of 0.3 m with an initial body angle of 0.8 radians. The
task level set points are 02» = 0, 8^. = 0, x2d •= 0. Under control of the predictive state space
method desired foot placement for the impending landing is repeatedly calculated at 10 msec.
Intervals from PEAK until TOUCH-DOWN. After TOUCH-DOWN the desired leg-body angle Is no longer
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Figu re 2-13: Drop balance test using predictive state space method.

adjusted. Sn this test no attempt is made to control horizontal position, x2< A vertical posture with no
horizontal motion is attained in about 6 sec.
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Figom 2-14: Lateral step controlled1 by predictive state space method.

The predictive state space method was used to control a lateral step in position. Figure 2-14
shows a translation In which x2 was controlled indirectly through x2. Unlike results from the linear
method, here horizontal velocity is precisely controlled. Compare Figure 2-14 to Figure 2-7.
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The computational costs of using the predictive state space method center on search for the
state that minimizes the performance index, and interpolation once the correct vector is found. No
time is spent evaluating equations of motion directly. As we said earlier, it is not necessary that the
control variables be constant during stance, only that they do not vary throughout state space with
more degrees of freedom than are represented in the table. This means that control signals are
perfectly acceptable provided control during stance is completely determined by state at TOUCH-

DOWN.4

We are exploring a form of control that combines our work on the predictive state space
method with our work on stance control. As before, foot placement at TOUCH-DOWN is determined
from the predictive state space table. Rather than hold the hip angle constant during stance,
however, the leg is swept through a region determined by a function of horizontal velocity at TOUCH-

DOWN.

So far, we have not gotten good behavior from this type of control. Our diagnosis is that good
stance control requires an additional degree of freedom in control that reflects the relationship
between desired and actual horizontal velocities. The best linear stance control technique permits
the difference between actual and desired horizontal velocity to affect the sweeping rate.

2.2.2.4 Polynomial Approximation to Predictive State Space Table

We have shown the predictive state space method to be an effective approach to control of a
non-linear dynamic system with few state and control variables. However, the memory requirements
for this approach become severe in larger applications. With this in mind, we have asked the
questions, "Can the data in the predictive state space tables be approximated adequately by analytic
functions of the state variables? If so, with many fewer coefficients than are in the original tables?"
We have undertaken to evaluate the use of polynomial surfaces that approximate the tabular data.

Given N = n + / state and control variables, polynomials are constructed that map points in the
augmented state space to estimated future state vectors. Each of n polynomials minimizes the total
square error for the variable it approximates across ail data points in the predictive state space
memory.

Let A be a matrix in which each row contains values of the N state and control variables; let B
be the matrix that contains future values of the state variables in corresponding rows. The matrices A
and B then form a data structure for the predictive state space memory. Given a sequence of distinct
terms of the form:

<xi
1
11 x!,12 X313 x? x^ 1 x ^ x^ 3 x j "> (2.28)

Actually, there is another practical limitation, Since interpolation is necessary to accomplish good control with tables of
finite size, it is also required that small variations in state result in small changes in control This is part of a more genera!
consideration that governs the coarseness with which the predictive state space memory can be divided.
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determine a row of the M-column matrix C by evaluating these terms at the values defined by the
same row of A. Then

(CT C X = CT B) (2.29)

is a linear system whose solution X contains, in each column, the coefficients of a least squares
polynomial that estimates the values in the corresponding column of B [249]. The polynomial is, of
course, determined by the choice of the exponents in the above sequence.

We have tested the use of least squares polynomials in control of the simulated one legged
hopping machine. In this case 6V 62, #2, and x2 are the independent variables and future values of
$r 62, and x2 are the variables to be approximated.

(rad)

i.o

{ml
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\
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Figure 2-15: Drop balance test controlled by 86 term polynomial. Solid lines
show results under control of polynomial approximation. Dotted lines are
results using original tabular data.

Several polynomials have been tested:

• A 70 term polynomial consisting of those terms where the sum of the exponents of the
four independent variables Is less than or equal to 4. The root mean square errors across
the 5421 points in the state space memory were 0.961, 4.92 and 15.9 for 0 , 6 and x2

respectively. The trajectory of the hopping machine diverged severely from that
determined by use of the tabular data.

• The 70 term polynomial was augmented with 16 additional terms consisting of a limited
selection of fifth order terms. The RMS errors decreased somewhat to 0.9O5, 4.83 and
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12.9 for the 86 term polynomial. This change did not significantly improve the control
system's performance in the drop balance test. The results are illustrated by the
trajectory plotted in Figure 2-15 where it is shown with the comparable trajectory for the
table-based system.

• The state space was divided into 16 subregions according to combinations of the signs of
the four independent variables. The same 86 terms were fit to the data in each of these
subregions. The RMS errors were reduced further to 0.283, 3.86 and 9.42. The resulting
performance of the control system was disappointing, however, since storage
requirements for the coefficients were increased by a factor of 16 over the previous case.
Among other problems, this piecewise 86 term polynomial had discontinuities near the
inter-region boundaries. Various other divisions of the state space were tested using this
approach, including overlapping regions. Problems were encountered when systems
were singular because of small numbers of data points in certain subregions. In no case
was the fit adequate for stable control of the simulated hopping machine.

• A polynomial was constructed using all terms with exponents of the four independent
variables between 0 and 4. This implies 625 terms and hence a linear system of order
625. Using Gaussian elimination the system was successfully solved in about 20 hours of
CPU time on a DECSystem 20. The resulting fit was clearly superior to the earlier ones;
the RMS errors were reduced to 0.246, 0.172 and 0.325- Figure 2-16 plots a cross section
of the polynomial surface along with values from the state space table. The remaining
errors still resulted in inadequate control, however. This can be seen in Figure 2-17. The
polynomial-based control system approached the set points along a path similar to that
determined by the table-based control system. However when the set points were
reached, the polynomial system drifted and finally became unstable.

Keep in mind that the time required to determine the coefficients of the polynomial does not
limit the usefulness of the approach in a strong way, provided evaluation of the polynomial can be
accomplished with adequate speed. However, indefinitely increasing the number of terms is not an
effective approach since it becomes very expensive to evaluate the resulting polynomials. Of course,
as the number of terms increases the memory required to store the coefficients eventually
approaches that required for the original state space tables.

Despite our lack of success with this method to date, we remain optimistic. Further work will
include sensitivity analysis, exploration of optimal partitions of the state space for piecewise
polynomials, and testing of spline techniques for smooth approximation across subregions.

2.2.2.5 Optimal Control

The feedback gains used in the linear methods describe above were chosen and adjusted by
hand. Without a more formal method for selecting gains we have no way to distinguishing between
those performance deficits due to fundamental limitations and those due to poor choices of gain. The
optimal control theory gives the control designer rational methods for choosing gains. However
application of the theory to the present problem is complicated by the non-linear dynamics and the
non-holonomic nature of the locomotion problem.
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Figure 2-16: Cross section through state space that compares tabular data,
shown by" + "s, to 625 term polynomial. Slice of state space specified by 6^ =

0. Plotted on ordinate are: Left) S^ Right) L.

As a first approximation to controlling the one-legged hopper, we consider a model with
massless leg and study its control by means of linearization about a nominal trajectory. The linearized
model will be posed in discrete time with a quadratic performance index, and this will be controlled by
the standard theory involving a Riccati equation.

As one example of this method, consider the problem of applying hip torque while the hopper
is on the ground in an attempt to bring it to an upright posture before TAKE-OFF. We assume that the
foot strikes the ground and remains fixed at the origin. The assumption of a massless leg allows us to
model the hopper as a system without energy loss, so we can take u2 to be identically zero. When w
= wQJ the main spring is at rest which we assume to be the case at TOUCH-DOWN and LIFT-OFF.

Let (x,y) denote the coordinates of the center of mass of the body. When the hopper is
hopping in place, we have (with u1s0):

(2.3G)

» ~aSin(t£-•
gM

(2-31)

(2.32)
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Figure 2-17: Drop balance test under control of 625 term polynomial.

where

a =

c = Arcsinl

M is the borjy mass,
k is the main spring constant,
t = 0 is the time of TOUCH-DOWN (y(0) = wQ + r , if y(0) < 0)
r is the distance from hip to center of gravity of body.

The time of LIFT-OFF is

T = (2.33)

We take this trajectory as nominal and study deviations from it. Suppose xft), ytt), 02(t) is
another trajectory, and define

Ax(t) = x(t) - x*t), (2-34)
Ay(t)=y(t)-ytt), (2-35)
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2 2 2

Linearization around the nominal trajectory yields

Ax~
M(y- r)

A0,
T- r)

Ay Ay
M

l(y-r) - r)

Let

X(t) =

Ax
Ay

Ax
Ay.

A(t) =
S(t) 0

where each submatrix in A(t) is 3x3 and

kr(wQ + r - y)

S(t) =

0 - •
Mw M(y-r)

- _ 0
M

tatWjj + r - ^

Let

B =

0
0
0
0
0
1

(2.36)

(2.37)

(2.38)

(2.39)

(2.40)

Then:
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-X( t ) = A(t)X(t) + BiUt). (2.41)
dt n

We want to control this system from t = 0 to t = T. Divide [0,T] into subintervals of length — and then let
n

t = —,k = 0,- ,n. Let:
K n

Xk = X(tk), Ak = A(tk), uk = u1 (tk). (2.42)

We have:

Xk + I~d-H 1 Ak)Xk + l B U k . (2.43)

Define:

Qn = diag (\ r , \ 2 , X3, A4, X5, X6) (2.44)

R = i ,k«0 f - - - ,n -1 . (2.45)
K n-1

To control the system so as to minimize X1QX + ̂  u.,we let P. be given by the Riccati equation:

Pn = Qn
 k = 1 (2.46)

Pk = 0 + lAk)
T[Pk + 1 - _ r _ L _ _ P k + 1 BBT.Pk+1](l + 1 V . •< - N-1,-,0, (2.47)k k + 1 _ r_L__

where
pk + 1 (6,6) is the (6,6) element of Pk + 1 .

Let:

k
n

Then the optimal feedback control law is given by:
uk = L k X k . (2.49)

This control requires a minimum of calculation and so can be implemented in real time. More
Importantly, it will allow for simulation which should help determine the main features of the
controlled system. It is also possible to apply this control law to models with legs of non-zero mass to
determine its robustness.
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3. Physical Experiments

This section describes laboratory work aimed at building and testing physical legged

machines that locomote with dynamic stability. Our first project is the construction and control of the

Planar Hopper, a machine with one leg similar to the ideal device described earlier. At the time of this

writing the planar hopper is able to produce high quality vertical hopping, while our current effort

focuses on achieving balance. Our second project is aimed at moving our work mto the third

dimension. Two designs for 3-D hoppers are presented, a short term design that is simple, and a more

ambitious long range design.

3.1 Planar Hopper

Here work on the physical Planar Hopper is described. We include a description of the

mechanism, its sensors, and progress in controlling it.

Body

Leg

3.1.1 Mechanism

Figure 3-1 is a diagram of the apparatus. The important features of this mechanism are a

body, a leg, two internal bearings, a main spring, two pneumatic cylinders, and three air bearings.

Most parts of the planar hopper are mounted on the body, or connected to it. The
body is a set of parts machined from aluminum stock, with manifolding for
distribution of compressed air, supports for the actuators, a place for sensors and
electronics, and pillow blocks that support bearings for the leg.

The leg is a 0.5 m length of machined square aluminum tubing, with a rubber tip at
the foot The leg is connected to the body with a coupling that provides two
degrees of freedom: the leg can translate along its long axis through the body,
and rotate about one of its short axis with respect to the body.

Two double acting air cylinders of 1.0625" bore actuate the hopper. Each
cylinder housing is attached to the body with trunion mounts, while the rods
connect to the leg through a sliding collar. These cylinders are mounted in such a
way that the sum of their lengths determines the distance between the sliding
collar and the body, and the difference of their lengths determines the angle
between leg and body.

A metal compression spring fits over the lower leg. Its lower end is held in place
by a bracket fixed to the leg, while its upper end indirectly supports the body
through the sliding collar and cylinders. In parallel with the metal compression
spring are two feather tension straps. They limit the maximum length of the metal
spring.

Cylinders

Main spring
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Figu re 3 - 1 : Physical Planar Hopper shown in front and side view.

Manifold and valves
Between two plates that form the body are grooves and passages that form a
manifold for distribution of compressed gas. Eight electrically operated solenoid
valves mounted to the underside of the body control air flow to the cylinders.
Each end of each cylinder is controlled by a pair of valves: one valve connects the
cylinder to high pressure gas, the other connects it to atmosphere. When both
valves of a pair are off no gas enters or leaves that end of the cylinder. Each valve
is separately controlled by one bit from the computer and by a transistor switch.
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Motion of the entire mechanism is constrained to a plane by three air bearings and
a table inclined to 45°, as shown in Figure 3-1 b. Each air bearing is attached to
the hopper by a self centering bellows coupling through which air flows. Two air
bearings are attached to the body, and one to the lower leg. The hopper is free to
translate vertically and horizontally in the plane of the table, and to rotate about an
axis perpendicular to the table. A second part of the table, perpendicular to and
below the first part, acts as the support surface upon which hopping takes place.

Figure 3-2: Parts that make up Planar Hopper: body, teg, spring, cylinders,
vahres, rnanHoW, air bearings, and assorted miscellany.

The hopper operates as follows: Simultaneous in-phase rhythmic activation of the two air

cylinders causes resonant excitation of the spring-body system. Hopping results when the leather

straps restrict extension of the spring during oscillation. While the device is in flight differential

control of the cylinders causes the leg to rotate relative to the body, thereby enabling selection of a

new point for foot placement on subsequent landing.



36

3.1.2 Sensors

In the long run, the hardest problems in locomotion may be sensing problems. How can a
system know where it is in space and where it is with respect to other objects without touching them?
How can solid support points be chosen and dangerous ones avoided? And how can all this be
accomplished in a system that is bobbing and weaving, oscillating and undulating at more than 40
km/hr? In biological systems these problems are solved by a variety of sensory systems that work
together, vision being an important contributor.

We characterize the functions that sensors perform in controlling locomotion systems and
other forms of robots:

• They provide information that permits control of actuators.
• They provide information that gives control over a system's state variables.
• They provide information about a system's interaction with its environment.

In order to control the planar hopper a number of measurements need to be made. At the
lowest level the controller must know what each actuator is doing, the angle of the leg, and the length
of the main spring -- in our design this information is provided by two encoders and a potentiometer.
At the next level the vehicle's dynamic state must be assessable. Horizontal vertical and angular
position of the body must be known, along with velocity. A rate gyro and sonar provide some of this
information, a Selspot motion recording system fills in the gaps. We have not dealt with obstacle
detection or avoidance, nor with irregular terrain. The following is a list of sensors that currently
work, or that are being implemented.

Encoders A linear encoder is mounted on each of the bearings that move along the leg.
Number 1 is mounted on the leg-body coupling, number 2 is on the sliding collar
at the top of the spring. These electro-optical devices and their support circuitry
count bars of a 1. mm/cycle square wave pattern affixed to the leg as the leg
passes by. Encoder 2 gives information about compression of the main spring.
Together the encoders give the separation between the body and sliding collar.

Body potentiometer
The coupling between leg and body is instrumented with a potentiometer that
measures hip angle. The body potentiometer and linear encoders provide
measurements from which the length of each air cylinder can be calculated:

cR = {\ - w(t) Cos(<p) - 14 Sin(<p)}2 + {~12 + w(t) Sin(«p) - 14 Cos(<p)}2 (3.1)

cL = {-lx - w(t)Cos(<p) + J4Sin(«p)}2 + {-12 + w(t)Sin(<p) + l4Cos(<p)}2 (3.2)

where
Figure 3-3 defines all variables
w(t) is obtained from the difference of the encoders
9 is obtained from the potentiometer.
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Rate gyro We have purchased an oscillating beam rate gyroscope with 0.04 deg/sec
resolution to provide measurements of body angle, #2, and body angular rate 6n

It will mount on the main body along with support electronics.
'2*

Foot potentiometer
During stance on level terrain it is possible to measure leg angle Q with an
instrumented foot. This is done with a potentiometer in the ankle. Eric Saund of
Caltech constructed such a foot that serves as a prototype.

Sonar A way to measure altitude y2 and get additional body angle data 02 is to use a pair
of down looking sonar sensors. Figure 3-4 shows the scheme we are
implementing. It combines Polaroid sensors and drive electronics with custom
electronics of our own design.

Fsgu re 3-3: Kinematics of Planar Hopper.

It will be some time before this array of sensors is completely functional. In the interim a
commercially available measurement system, Selspot, provides the information needed for control.
Setspot is an electro-optical system that records the paths of electronic markers as they move
through space. The markers are infrared LEDs that are attached to the subject. A transducer
generates x and y analog signals that specify the average location of light focused on its surface. The
entire system is comprised of cameras containing the solid state sensors, a controller that turns on
each of 30 LEDs in sequence every 3 msec, a multiplexer that separates the digitized signals into 33
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Figu re 3-4: How sonar will be used to measure body altitude and body angle.

coordinate pairs, and a computer interface. Use of two cameras permits 3-dimensional localization of
the LEDs.

As we said, Selspot provides feedback for control experiments while other types of sensors
are under development. In addition Selspot is a means of independently measuring and analyzing the
performance of an experimental system. In planar hopping experiments where one camera is
adequate, a Selspot camera sits on a nearby tripod overlooking the inclined air table. See Figure 3-
5a. LEDs are attached to the hopper in five locations as shown in Figure 3-5b.

We have made three improvements to the Selspot system as sold to us by Selective
Electronics:

• A special LED scanner permits five LEDs to be scanned at 2 KHz, six times the normal
rate. These higher rates mean more precise measurements with less delay, and
ultimately, better control.

• A microcoded digital filter smooths each LED position value and calculates a smoothed
velocity. This special purpose processor frees the control computer for other activity.

• A two port memory interface between Selspot and our computer's UNIBUS facilitates
communication.

3.1.3 Results

After shortening some hose and increasing its diameter, after replacing a sliding linear
bearing with a rolling one, after replacing a narrow spring that buckles with a wider one that does not
buckle, and after replacing fixed air bearings with self-centering bearings, the hopper is hopping
vertically. Recorded data for one test run are plotted in Figures 3-6 and 3-7. These plots look very
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Figure 3-5: Top) Selspot camera overtooking planar hopper. Bottom) Pattern

of tEDs on hopper.
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Figu re 3-6: Vertical behavior of physical hopper. Left) As recorded by Selspot.
Right) As recorded by camera with low shutter speed.

similar to those obtained in simulation, eg. Figure 2-2. Though ever increasing hopping altitudes are
not obtained, the foot clears the ground by more than 3 inches at PEAK.

Balance during hopping has not yet been accomplished, though our progress in this area is
good. We are now experimenting with a linear balance algorithm similar to the one explored in
simulation. Completion of the Selspot filter has permitted us to try this even though the sonar and
gyro sensors are still being developed. The actual construction and testing of this physical system
has taught us basic lessons we wiSi remember in the future:

• Unsprung mass in a leg must be minimized. If not, there are energy losses, large forces,
and lots of noise.

• Springs in compression buckle.
• High performance linear bearings require great care. Light weight, speed, and efficiency

are not easy to combine in a linear bearing.
• The importance of adequate gas flow is easy to forget. We replaced small fittings with

larger ones, 1/4 inch hose with 3/8, small valves with larger valves, and larger valves with
still larger ones.

» When two actuators are mechanically coupled to control motions in two degrees of
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Figure 3-7: Phase plot of vertical hopping data recorded from physical hopper

with Setspot

freedom, precise trajectory control is essential. Bang bang control is not appropriate in
such systems.

We made some bad design choices early on that lead to this last lesson. We have had
difficulty in separating the actions of the actuators into a vertical part and a horizontal part. In our
planar design, linear extension of the leg and torque about the hip are achieved by coordinating the
actions of both actuators. They must move in precise synchrony in order to produce extension
without hip torque, and hip torque without extension. Bang-bang pneumatic control of coupled
actuators is not a good method for achieving such motions. Three solutions present themselves: find
a better algorithm for using temporal modulation of on-off valves to approximate proportional control,
replace the on-off valves with proportional servo valves, decouple the cylinders. Each of these
options is being explored.

3.2 Design of 3-DimensionaI Hoppers

Balance as it occurs in advanced legged systems is a 3-dimensional phenomenon. Therefore,
if we are to fully understand balance and take advantage of it, we must extend our physical
experiments into the third dimension where there are six degrees of freedom. We have begun to do
so by designing experimental walking machines that embrace balance in 3-D, and that incorporate
what we have learned from building and experimenting with the planar hopper. The goal of these
designs is to create a vehicle for learning about balancing in 3-D in the coming year. A secondary
goal is to generate preliminary ideas on what one leg of a multi-legged balancing vehicle should be
Nke.
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The objectives of the design are:
/—

• To embody dynamic balance capability. The machine should be able to balance about a
point on the floor while hopping in place, to translate in a preferred direction with high
speed and efficiency, and to translate in any direction with less speed and efficiency.

• To achieve mechanical efficiency through proper tuning of the components of a spring-
mass system. Hopping should be efficient.

The present intent is to leave for later the control of rotation about the vertical axis, and simply design
with a large polar moment of inertia to minimize rotation.

The results are designs for three 3-D machines. Two are simple machines that function with
circular symmetry. They are designed to hop in place or translate in any direction over relatively flat
terrain. We will build at least one of them in the coming year. The third design is more advanced,
reflecting our initial thinking about how to optimize a one-legged balancer for use in a multi-legged
system. We believe that the basic role played by each leg in such a system is similar to its role in a
monoped, but that the design must be biased for forward motion and for coupling between the legs.

3 .2 .1 Simple 3-D Hoppers

We have designed two simple 3-D hoppers. The first, shown in Figure 3-8, has a linear sliding
leg that is gimbal mounted to a wide body and frame. The leg is comprosed of a long double ended
pneumatic cylinder with an extension at one end. The cylinder acts both as an actuator that changes
length of the leg under control of an on-off valve, and as a spring that stores energy sn gas
compression during stance. Two hydraulic cylinders angle the leg with respect to the body in two
degrees of freedom. These cylinders are controlled by flapper type proportional servo valves. The
basic design has strong similarities to the planar hopper with the following important improvements:

• Motion that changes leg length is decoupled from motion that changes leg angle.

• Bang-bang pneumatic control is no longer responsible for precise positioning.

• Energy is stored efficiently in compressed gas rather than in a metal compression spring
that buckles and binds.

• The only sliding bearing is that of the vertical actuator - since there are three points of
support there should be little binding.

The second design, shown in Figure 3-9, features a leg with all rotary joints. Two hydraulic
cylinders with proportional servo valves control hip rotation in two directions. The angle of the entire
leg is changed by these actuators. The knee incorporates two gears that act as an angle splitter so
that the upper and lower tegs fold at the same rate. Acting with the parallel-bar mechanism of the
thigh, this angle splitter causes upper and lower legs to maintain equal angles with respect to the
rotating portion of the hip. This linkage structure permits a single actuator to produce linear foot
motion. The third actuator is a hydraulic cylinder working through a tension spring to lengthen and
shorten the leg.
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Figure 3-8: Simple 3-dimensiona! hopper with linear acting leg.

The basic difference between these simple 3-D machines is the method for obtaining linear
leg motion: one uses the linear bearing of a pneumatic cylinder, the other uses gear and cable
linkages. Both designs use a pair of precisely controlled hydraulic actuators to control leg angle, and
both use a third actuator to change leg length. Neither will carry its own power supply nor its own
computer - they will connect with hoses to a stationary hydraulic power supply, and with wires to an
off board computer. An on board accumulator will guarantee adequate control response and
minimize peak flow rates through the umbilical. Some analog hardware will be present on board to
support joint sensors, a set of rate gyros, and force sensors.

It is anticipated that a large amount of tuning of the mechanism and controls will be required
before effective locomotion, is achieved. To facilitate this, it is planned to build an arm, or other
restraint device, to which the machine will be attached. This will enable development of hopping in
stages: hop in place while externally stabilized, balance in two dimensions, balance in three
dimensions. This approach will also help us to observe, measure, and understand the various
phenomena occurring during each behavior.
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Figure 3-9: Simple S-dimensional hopper with articulated leg.

Construction of the 3-D hopper will be from both standard components and parts we
manufacture in the CMU machine shop. Aluminum, particularly tubing, will be used to minimize
weight. Standard hydraulic and pneumatic actuators and valving are planned. Rubber band stock
will be used for springs due to its light weight and ease of adjustment.
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3.2.2 Advanced 3-D Hopper

The idea of a one legged hopping machine is important for legged locomotion not because
one legged vehicles will come into wide spread use, but because dynamically balanced multi-legged
vehicles will incorporate principles revealed by studying the extreme one-legged case. Therefore it is
useful, even at this early point in balance research, to contemplate what the legs of a running
machine might look like. We ask this question by proposing a specific leg design that will provoke
thought and discussion.

COMTROL ACTUATOR
PE.RMITS 'ROTATION O*
tC<a ABOUT KME£ VaH FiKlE
ADJUSTMENT OP PORE/APT
FOOT POiiTtOW.

7y<7 77 77 77 77 // // /• /7 7/ 77~77r

Figure 3-10; Preliminary teg design for mutti-tegged balancing vehicle.

Figure 3-10 embodies the basic concept and more significant features of an advanced 3-D (eg

as presently envisioned. The design begins with the basic structure of the simple articulated hopper.

hip rotation is controlled about two axes, angle splitter in the knee, and parallel-bar linkage between
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hip and lower leg. To this has been added a foot and increased range for fore and aft him motions.
The lower leg and spring form a linkage that tends to keep the foot parallel to the upper leg. Thus,
extension and contraction of the three elements of the leg can be controlled by a single actuator. The
considerable elasticity of this spring will be adjustable in order to make testing easier.

The design incorporates four hydraulic actuators, two that balance and two that supply
propulsive energy. Fore and aft rotation of the hip is controlled by an actuator in series with a spring.
During steady state hopping, the leg will swing at its resonant frequency, requiring only small
amounts of energy from the actuator to maintain the motion. This arrangement of spring and actuator
is based on Ivan Sutherland's idea for a tuning fork quadruped. A second actuator produces fine fore
and aft motions by rotating the knee. A third actuator, also in series with a spring, acts on the upper
leg to cause the leg to lengthen and shorten. The angle splitter and parallelogram linkages cause the
action of this cylinder to move the toe along a straight line that passes through the hip. Operating
directly on the hip, a fourth actuator causes lateral displacement of the entire leg.

An articulated, three element leg has been chosen as having distinct performance advantages
over other arrangements. Compared to linear sliding pogo stick designs, the articulated leg has the
following advantages:

• Sliding joints are eliminated, thereby reducing inefficiency and fabrication problems.
• Unsprung mass is minimized by using a series of jointed masses in the leg -- at TOUCH-

DOWN only the toe is unsprung.
• An articulated leg can reduce its vertical dimension, thereby requiring a smaller vertical

clearance than a comparable linear leg. By the same mechanism, the moment of inertia
of an articulated leg can be reduced in order to swing it forward more easily during flight.

• It is easier to match characteristics of springs and actuators by means of adjustable lever
arm lengths.

• All springs and actuators act in tension, eliminating the buckling limitations associated
with compression springs.

• The design can be optimized for unidirectional travel.

It is significant that most creatures in nature that are capable of reasonable speed on land and over
uneven terrain employ the same basic three-element articulated leg design. Even though an
articulated leg requires only three degrees of freedom, as provided by the simple hoppers of the last
section, the addition of a lower element improves performance in three ways: »

1. It reduces the unsprung mass.
2. It causes the ground force to act nearly through the knee, minimizing the moment at this

generally fragile joint.
3. It permits energy storage in the Achilles tendon, which has been found significant in

locomotion of many animals, most notably the kangaroo [3,4].
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I. Equations of Motion Planar Hopper

Equations for model shown in Figure 2-1.

yx = y0 - r^^Sintfj) + ^Cos^ ) ) (3.3)

j ^ ^ ^ J , ) (3.4)

y2 = y0 + w Costfj) - w^Sin^ ) - wflJCostfj) (3.5)

- r2(02Sin(02>

+ w Sint^j) + wtfjCos^) - w ^ S i n ^ ) (3.6)

F y -

- FTSin(tfx) - F ^ t f j ) (3.8)

M2x2 = F^iiK^i) + F ^ o s ^ ) (3,11)

l2tf2 = F/jSintfj-tfj) - FNr2Cos(^2-tf x) + a^t) (3.12)

where:
(xQ,y0) are the coordinates of the foot.
(x1 ,yr) are the coordinates of the leg's CG.
(x2,y2) are the coordinates of the body's CG.
Fx,F are the vertical and horizontal forces on the foot.
FT,FM are tangent and normal forces between the leg and body.

Eliminating x1, y,, x2, y2, and FN:
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1 )^1 + M2r2WCos(02)02 + M2WxQ + M^WSin^Jw » (3.13)

r1FxCos(^1)2 + C o s ^ X r ^ S i n ^ ) - u^t)) + F

(3.14)

-g)

W(M1r/1
2Sin(^1) - F ^ i n ^ ^ + FJ -

Fy -

tn(tf1)(Fyr1Sin(tf1) - F ^ C o s ^ ) - ut(t))

(3.15)

(3.16)

i n ^ ^ ^ ^ + Ui(t» - r2Cos(^2-^1)(r1F Sin^,) - r ^Cos^ ) - u^t))

where

W = w-r t

FK = Ks(w0-w + u2) for(w0-w + u2)>0 (3.18)
K ^ B h0

~ B s 2 w

o0
otherwise

G o G o 0

0 otherwise
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II. Simulation Parameters

M1 = 1kg M2=10kg
L = 1kg-m2 l2=10kg
r1 = .5m ' 2 = . 4 m "
w. = 1 m
Kp = 900 Kv = 60
KP = 103Nt/m
KS =105Nt/m BS2 = 125Nt-sec/m
K88* 10*Nt/m BG = 75Nt-sec/m

Q!-S. Q 2 = Q 3 = 1



50



51

III. Legged Locomotion Bibliography

1. Agarwa!,G,C., Berman,B.M., Stark,L, Lohnberg,P., Gottleib,G.L. "Studies in postural control

systems: Parts I, II, and 111." IEEE t on Systems Science and Cybernetics ssc-6, 2 (April 1970), 116-

132.

2. Aleshinsky. Zatsiorsky. "Human locomotion." J. Biomechanics 11 (1978), 101-108.

3. Alexander^. McN. "The mechanics of jumping by a dog.'1 J. Zool., Lond. 173 (1974), 549-573.

4. Alexander,R. McN., Vernon,A. "The mechanics of hopping by kangaroos (Macropodidas)." J.

ZooL, Lond. , 177 (1975), 265-303.

5. Alexander,R. McN., Goldspink,G.. Mechanics and energetics of animal locomotion. .Chapman

and Hall, London, 1977.

6. Alexander^. McN. J. Biomechanics 13 (1979), 383-390.

7. Alexander^. McN. lfFourier analysis of forces exerted in walking & running." J. Biomechanics 13

(1980), 383-390.

8. Alexander,R. McN. "Mechanics of bipedal locomotion." (), 493-504.

9. Anderson,F.. Registration of the pressure power (the force) of the body on the floor during
movements, especially vertical jumps. , 1st Int. Seminar, Surich, 1967.

10. Andriaccht, Ogle, Gal ante. "Walking speed as a basis for normal & abnormal gait
measurements." J. Biomechanics 10 (1977), 195-200.

1 1 . Armstrong,W.W. Proc. of 5th World Congress on Theory of Machines and Mechanisms

(1979), 1343-1346.

12. Arutyunyan,G.A., Gurfinkel,V.S., Mirskii,ML "Organization of movements on execution by man

of an exact postural task." Biofizika 74,6 (1969), 1103-1107.

13. BairJ.FL Patent No. 2918738. Volume : Amphibious walking vehicle., 1959.

14. Bassmajian,J.V.s Tuttle,R. Engineering of locomotion in gorilla and man. In Control of Posture
and Locomotion, R.B. Stein, K.6. Pearson, R.S. Smith, J.B. Redford, Eds., Plenum Press, New York,

N.Y., 1973, pp. 500-609.

15. Beckett,R., Chang,K. nAn evaluation of the kinematics of gait by minimum energy/1 T. Biomeck

1 (1968), 147-159.

16. BekkertM.G.. The evolution of locomotion: A conjecture into the future of vehicles. ,1961.

17. Bekker^.G. I s the wheel the last word in land locomotion?" New Scientist 17,248 (August

1961), 406-410.



52

18. Bekker,M.G.. Theory of land locomotion. University of Michigan Press, 1962.

19. Bekker,M.G.. Introduction to terrain-vehicle systems. University of Michigan Press, Ann Arbor,
1969.

20. Beletskii,V.V. "Biped locomotion dynamics 1 / ' Izv. AN SSSR. Mekhanika Tverdogo Tela 10,3
(1975), 3-14.

21 . Beletskii,V.V. "Dynamics of two-legged walking, II." Izv. AN SSSR. Mekhanika Tverdogo Teia
70, 4 (1975), 3-13.

22. Beletskii,V.V., Kirsanova,T.S. "Plane linear models of biped locomotion." Izv. AN SSSR.
Mekhanika Tverdogo Tela 7 7,4 (1976), 51-62.

23. Beletskii,V.V., Chudinov,P.S. "Parametric optimization in the problem of biped locomotion." Izv.
AN SSSR. Mekhanika Tverdogo Tela 12, 1 (1977), 25-35.

24. Beletskii,V.V. "Walking Control and Dynamics of a System with Two Legs." (), 1-11.

25. Bessonov,A.P., Umnov,N.V.. The analysis of gaits in six-legged vehicles according to their static
stability. Proc. Symposium on Theory and Practice of Robots and Manipulators, Udine, Italy, 1973.

26. Bishop, Jerry E. Why Do Kangaroos Say to Their Friends, "Let's Go to the Hop1? 1980 Wall
Street Journal.

27. Bizzi, E., Polit, A., Morasso, P. "Mechanisms Underlying Achievement of Final Head Position."
Journal of Neurophysiology 39, 2 (1976), 435-444.

28. Bresler, B. and Frankel, J.P. "The forces and moments in the leg during level walking." Trans.
Amer. Soc. Mech. Engs. 27 (January 1950).

29. BrownVL.S.. The right way to walk four-legged: ,. r;

30. Bryson,A,E., Ho,Y.C. . Applied Optimal Control, Xerox-Blaisdell, Mass., 1969.

3 1 . Buckett,J. Design of an on-board electronic joint control system for a six-legged vehicle. PhD.
Th., The Ohio State University, Columbus, Ohio, March 1977.

32. Burnett,C.N., Johnson,E.W.. Development of gait in childhood, Parts I and II. Developmental
Medicine in Child Neurology, 1971.

33. Bums,M.D.. The control of walking in Orthoptera, I -leg movements in normal walking. J. Exp.
Biol., 1973.

34. Camana,P.C. A study of physiologically motivated mathematical models for human postural
control. Ph.D. Th., The Ohio State University, Columbus, Ohio, 1977.

35. Camana,P.C, Hemami,K, Stockwel^C.W. "Determination of feedback for human posture
control without physical intervention." 7 (1977).



53

36. Cannon,R.H.,Jr. "Some basic response relations for reaction-wheel attitude control." ARS
Journal (January 1962), 61 -74.

37. Cappozzo, Maini, Marchetti, Pedotti. Analysis of hybrid computer of ground reaction in walking.
Proc IV Int. Seminar on Biomechanics, Philadelphia, Pa., 1973.

38. Cappozzo, Aurelio, et.al. "A General computing method for the analysis of human locomotion."
J. Biomechanics 8 (1975), 307-320.

39. Cappozzo, et.al. "Interplay of muscular & external forces in human ambulation." J.
Biomechanics 9 (1976), 35-43.

40. Carson, P.E.. Walking tractor. , 1958.

4 1 . Cavanagh.P.R. J. Biomechanics 13 (1979), 397-406.

42. Ceranowicz, A.Z. Decoupling and finite state control of a five link planar biped model standing
on one leg. Master Th., The Ohio State University, Columbus, Ohio, 1977.

43. Ceranowicz,A.Z. Planar biped dynamics and control. Ph.D. Th., The Ohio State University,
Columbus, Ohio, 1979.

44. Ceranowicz,A.Z., Syman,B.R, Hemami,H.. Control of constrained systems of controllability
index two. IEEE T. on Automatic Control, AC-25,1980.

45. Chen, J.C. Dynamics and stability of legged locomotion systems. Ph.D. Th., Caltech, August
1961.

46. ChengJ.S. Computer-television analysis of biped locomotion. Ph.D. Th., The Ohio State
University, Columbus, Ohio, December 1974.

47. Chow,C.K.9 Jacobson.D.H. "Studies of human locomotion via optimal programming.11

Mathematical Biosciences 10 (1971), 239-306.

48. Chow,C.K., Jacobson,D.H. "Further studies of Human Locomotion: Postural stability and
Control." Mathematical Biosciences 15 (1972), 93-108.

49. Cooway, Lynn. The MPC Adventures: Experiences with the generation of VLSI design and
implementation methodologies. Palo Alto Research Center, 1981.

50. CookX, Cozzens.B. The initiation of gait. In Neural control of locomotion, R.N. Herman,
S.Grillner, P.S. Stein, D.G. Stuart, Eds., Plenum Press, New York, 1976.

5 1 . Coriiss,W.R., Johnson,E.G.. Teleoperator controls. NASA SP-5070,1968.

52. Cotes, J.EM and Meade, F. *The energy expenditure and mechanical energy demand in
walking/* Ergonomics (April 1960).



54

53. Cox,W.. Big muskie. New in Engineering, The Ohio State University, Columbus, Ohio, 1970.

54. Cruse,H.. A new model describing the coordination pattern of the legs of a walking stick insect.
Biol. Cybernetics, 1979.

55. DawsonJ.J. "Kangaroos." Scientific American 237, 2(1977), 78-89.

56. Dougan,S. "The angle of gait." 7 (1924), 275-279.

57. Drillis,R., Contini,R. Body Segment Parameters. Tech. Rept. Technical Report No. 1166.03, New
York University, New York, September, 1966.

58. Ehrlich,A.. Patent No. 1691233. Volume : Vehicle propelled by Steppers. ,1928.

59. Elftman,H. "A cinematic study of the distribution of pressure in the human foot." Anat. Rec. 59
(1934), 481-490.

60. Elftman, H. "Forces and energy changes in the leg during walking," Amer. J. Physiol. 125
(1939), 339-356.

6 1 . Elftman,H. "The basic pattern of human locomotion." Ann. New York Acad. of ScL Rec. 51
(1951), 1207-1212.

62. Elftman,H. "Basic function of the lower limbs.1' Biomedical Engineering (August 1967), 342-
345.

63. Engin,A.E. Experimental determination of the patello femoral joint forces. , 29th ACEMB,
Boston, Mass., November, 1976.

64. Ewald,B.A., Lucas,D.B., Ralston,H.J.. Effect of immobilization of the hip on energy expenditure
during level walking. , UCSF Berkeley, 1961.

65. Farnsworth,R. Gait stability and control of a five link model of biped locomotion. Master Th., The
Ohio State University, Columbus, Ohio, 1975.

66. Fenn,W.O. "Work against gravity and work due to velocity changes in running." Amer.
J. Physiol. ,93(1930).

67. Fitch,J.MM TemplerTJM Corcoran,P. "The dimensions of stairs." Scientific American 231,42
(1974).

68. Foley, et.al. "Kinematics of normal child locomotion.M J. Biomechanics 12 (1979), 1-6.

69. FominsS.V.,Shtil'kind,TJ. "The concept of equilibrium of systems having legs." Biofizika 17,1
(1972), 131-134.

70. Frank,A.A. Automatic control systems for.iegged locomotion machines, Ph.D. Th., Univ. of
Southern California, Los Angeles, California, 1968.



55

vehicles." Journal of Terramechanics 6,1
nn the svnthesis of biped locomotion machines. Proc. 8th

73 Frank A.A. "An approach ,o .he dynamic an*ysis and synthesis of biped tocomo.ion machines,"

Med. 8 Bio/. Engng. 8 (1970), 465-476.

7 4 . F r a n M A "On ft. stability of an al9ori,hmic biped (ocomo.ion machine." J. o, Te.rane^cs

8, 1(1971), 41-50.

76. Frank,A.A. "Amethod o,coord,na«n9the l e 9 s C h e Genera, Eiectric walking .ruck." .ECE.73-

3(1973).

7 6 FranK,A.A., Khande,wal. 0, * » « * . ««• - * * • • • • « < « . Austin Texas, ,974.

77. Ga9e,H. "Accelerographic a n a l y s t . human ga,,." ASMS Win.er Anna*, ^W

(1964), 137-152.

78. Ga,iana,H.U
Houston, Texas, 1968.

7 9 Qannen,W.B.. r ^ p e . p o , . ,U.S. ArmyWeaponsCommand, Rock Island. Illinois, 1967.

80. Gar9.D.P. "Vertica, mode human bcdy*ra»ion transmissibmty." ,£EET,an,SyS,emsSMC4,2

(February 1976).
8, Giral.,G.. Mu^^n^n^onsys^or.^e^o,. ,Au3us.1979.

a , aoiiaay.c.M, ™ , ^ ^ ^ ^
kneeless biped standing and walking gaits, rn.u.

1975.
iH "Postural stability of the two degree-of-freedom biped by general
1 : ^ 2 A , ^ , (February .976,, 7.79.

o analyzing biped locomotion dynamics and

963-972.



• I
56

87. Grillner,S. "The role of muscle stiffness in meeting the changing postural and locomotor
requirements of force development by the ankle extensors." Acta physio!, scand. 86 (1972), 92-108.

88. Grillner,S. "Locomotion in vertebrates: central mechanisms and reflex interaction." Physiol,
Rev. ,55 (1975), 247-304.

89. Grillner,S. Some aspects on the descending control of the spinal circuits generating locomotor
movements. In Neural control of locomotion, Plenum Press, New York, 1976.

90. Grimes,D.L. An active multi-mode above knee prosthetic controller. Ph.D. Th., Massachusetts
Institute of Technology, June 1979.

9 1 . Grundman,J., SeiregA "Computer control of a multitask exoskeleton for paraplegics." On
Theory and Practice of Robots and Manipulators -- Second CISM-lFToMM Symposium, Warsaw
(1976), 241-248.

92. Gubina,F.. Stability and dynamic control of certain types of biped locomotion. IVSymp. on
External Control of Human Extremities, Dubrov, 1972,

93. Gubina,F., Hemami.H., McGhee,R.B. "On the dynamic stability of biped locomotion." IEEE
Trans, on Biomedical Engineering BME-21, 2 (March 1974), 102-108.

94. Gupta,S. Estimation of lower limb joint forces and moments using on-line measurements and
computations. Master Th., Ohio State University, Columbus, Ohio, March 1975.

95. Gurfinkel,E.V.. Physical foundation of the stabilography. Symposium International de
Posturographic Smolenile, 1973.

96. Harris,R.L, Beath,T. "Hypermobile flat-foot with short tendo achillis." J. Bone and Joint Surg.
30-a (1948), 116-140.

97. Hartrum,T.C. Biped locomotion models. Tech. Rept Technical Report 272, The Ohio State
University, Columbus, Ohio, February, 1971.

98. Hartrum,T.C. Computer Implementation of a parametric model for biped locomotion kinematics.
Ph.D. Th., The Ohio State University, Columbus, Ohio, 1973.

99. Hatze,H. "A complete set of control equations for the human musculo-skeletal system." J.
Biomechanics 10 (1977), 799-805.

100. HavillJ.R., Ratcfiff,J.W. A twin-gyro attitude control system for space vehicles. NASA
Technical Note TN D-2419, August, 1964.

101. Heer,E.. A Walking Vehicle Test Bed., 1979.

102. HemamifH.. Pole assignment by mode feedback. Proc. 9th Annual Allerton Conference on
Circuit and System Theory, Evanston, HI., 1971.



57

103. Hemami,H.,Weimer,F.C., Koozekanani,S.H. "Some aspects of the inverted pendulum problem

for modelling of locomotion systems." IEEE Trans, on Automatic Control AC-18, 6 (December 1973),

658-661.

104. Hemami,H., Weimer,F.C. Further considerations of the inverted pendulum. , Proc. of the

Fourth Iranian Conference on Electrical Engineering, Pahlavi University, Shiraz, Iran, May, 1974, pp.

697-708.

105. Hemami,H.. Reduced order models for biped locomotion Proc. of 7th Pittsburgh Conf. on

Modelling and Simulation, Pittsburgh, Pa., 1976.

106. Hemami,H., Camana,P.C. "Nonlinear feedback in simple locomotion systems.11 IEEE Trans, on

Automatic Control27, 6 (December 1976).

107. Hemami,H., Cvetkovic,V.S.. Postural stability of two biped models via Lyapunov second

method. Proc. of 1976 JACC, West Lafayette, Indiana, 1976.

108. Hemami,H., Farnsworth.R.L "Pjostural and gait stability of a planar five link biped by
simulation." IEEE T. on Automatic Control AC-22, 3 (June 1977), 452-458.

109. Hemami.H., GoIiiday,C.L.,Jr. "The inverted pendulum and biped stability." Mathematical

Biosciences 34 (1977), 95-110.

110. Hemami,H., Jasw^V.C. "On a three-link model of the dynamics of standing up and sitting
down." IEEE Trans. Systems, Man, and Cybernetics SMC-8, 2 (February 1978), 115-120.

111 . Heinami,H., Tomovic,RM Ceranowicz,A.Z. "Finite state control of planar bipeds with application

to walking and sitting." J. Bioengineering 2 (1979), 477-494.

112. HemamiIH.1Wall1C.llll, Black.F.O. "Single inverted pendulum biped experiments." J. of

Interdis. Model, and SimuL 2(3) (1979), 211-227.

113. HemamiH, Wyman,B.F. "Modeling and control of constrained dynamic systems with

application to biped locomotion in the frontal plane." IEEE Trans, on Automatic Control AC-24,4

(August 1979), 526-535.

114. Hemami.H., Wyman,B.F. "Indirect control of the forces of constraint in dynamic systems.11

Journal of Dynamic Systems, Measurement and Control 101 (1979), 355-360.

115. Hemami,H. 8*A feedback on-off model of biped dynamics." IEEE T. on Systems, Man, and

Cybernetics SMG-W, 7 (July 1980), 376-383.

116. HemamLH.,Robin$on,DJMCeranowscz,A.Z. "Stability of planar biped models by simultaneous
pole assignment and decoupling." Int. J. Systems Science 11t*\ (1980), 65-75.

117. Hemami,H., Robinson,DJM Ceranowicz,A.Z. "On stability , pole assignment and decoupling of

some biped models/' Submitted to IEEE Transi. on Automatic Control ().



58

118. Hemami,H., Weimer.F.C, Robinson,C.S,, Stockwell,C.W., Cvetkovic,V.S. "Analysis of some
derived models of otoliths and semicircular canals.11 1977 JACC ().

119. Herman,B., Cook,T., Cozzens,B., Freeman,W. Control of postural reaction in man: the initiation
of gait. In Control of Posture and Locomotion, R.B. Stein, K.G. Pearson, R.S. Smith, J.B. Redford,
Eds., Plenum Press, New York, N.Y., 1973, pp. 353-388.

120. Hicks,J.H. The three weight bearing mechanisms of the foot. In in: Biomechanical Studies of
the Musculo-Skeleton System, F.G. Evans, C.C. Thomas, Eds., t Springfield, III., 1961.

121. Higdon,D.T., Cannon,R.H., Jr. On the control of unstable multiple-output mechanical systems.
, ASME Winter Annual Meeting, 1963.

122. Hildebrand,M. "How animals run." Scientific American (May 1960), 148-157.

123. Hildebrand, "Symmetrical gaits of horses." Science , 150 (1965), 701-708.

124. Hildebrand,M. "Analysis of the symmetrical Gaits of Tetrapods." Folia Biotheoretica 4 (1966),
9-22.

125. Hill,J.C. A model of the human postural control system. , 8th IEEE Symp. Adaptive Processes:
Decision and Control, December, 1969.

126. Hirose,S., Umetani,Y.. The basic motion regulation system for a quadruped walking vehicle.
ASME Conference on Mechanisms, Los Angeles, 1980.

127. Howell,R.. Speed in animals. Univ. of Chicago Press, Chicago, 1944.

128. Hristic,D., Vukobratovic,M.. A new approach to the rehabilitation of paraplegic persons. , 1971.

129. Hughes,G.M. "The coordination of insect movements." J. Exp. BioL 29 (1952), 267-285.

130. Jain,A.K. Measurement of gait in children. Tech. Rept. Tech. Note No.1, The Ohio State
University, July, 1972. Communication and Control Systems Lab, Dept. of Electrical Engineering

131. Jain,A.K. A Study of regularly realizable gait matrices. Master Th., The Ohio State University,
Columbus, Ohio,.

132. Jaswa?V.C. Dynamic stability and control of a three link model of a human being. Master Th.,
Ohio State University, Columbus, Ohio, June 1975.

133. Jaswa,V.C. An experimental study of real-time computer control of a hexapod vehicle, Ph.D.
Th., Ohio State University, Columbus, Ohio, 1978.

134. Johnston,R.C., SmidtG.L. "Measurement of hip-joint motion during walking." J. Bone & Joint
Surg. 51-A (1969), 1083-1094.

135. Jones,R.L. fThe human foot. An experimental study of its mechanics and the role of its muscle
and ligaments in the support of the arch/' Am, J. Anal 68 (1941), 1-39.



59

136. Jones,F.W.. Structure and function as seen in the foot, Edition 2. Bailliere, Tindall and Cox,
London, 1949.

137. Jones,G.M. "Observations on the Control of Stepping & Hopping Movements in Man." J.
Physiol 219 (1971), 709-727.

138. Juricic,D., Vukobratovic,M. "Mathematical modelling of bipedal walking system." ASME
Publication 72-WA/BHF-13 ().

139. Kahn,M.E.. The near-minimum time control of open-loop articulated kinematic chains.
Stanford Artificial Intelligence Memo #106,1969.

140. KaneJ.R., and Vebison,D.A. "Formulation of equations of motion for complex spacecraft." J.
of Guidance and Control 3,2 (1980), 99-112.

141 . KatoJ., Matsushita,S., Kato,K. A model of human posture control system. In Advances in
External Control of Human Extremities, MM. Gavrilovic, A.B. Wilson Jr., Eds., , Belgrade, 1969, pp.
443-464.

142. Kato,l., Tsuiki,H. The hydrauSically powered biped walking machine with a high carying
capacity. In IVSymp. on External Control of Human Extremities,, Dubrovnik, Yugoslavia, 1972.

143. Keith,A. "The history of the human foot and its bearing on orthopedic practice." J. Bone and
Joint Surg. 11 (1929), 10-32.

144. KennyJ.D. Investigation for a walking device for high efficiency lunar locomotion. , American
Rocket Society Annual Meeting, Philadelphia, Penna., 1965.

145. KetteIkamp,D.B., Johnston,R.C, Smidt,G.l., Chao.E.Y.S., Walker,M. "An electrogoniometiic
study of knee motion in normal gait." J. Bone & Joint Surg. 51-A (1970), 775-790.

146. Khadeiwai,B.M-, Frank,A.A. On the dynamics of an elastically coupled multi-body biped
locomotion model. , Proc. JACC, Austin, Texas, 1974.

147. Khosravi-Sschani, B. A preliminary study of a two segment artificial foot. Master Thn The Ohio

State University, Columbus, Ohio, 1979.

148. KinchJE.A.. Patent No. 1669906. Volume: Vehicle propelling device. , 1928.

149. Klein,CA, Briggs,R.L "Use of active compliance in the control of legged vehicles." IEEE T. on
Systems, Manf and Cybernetics SMC-10, 7 (July 1980), 393-400.
150« Klien, Charles. Limb motion for a 3 legged walking machine., 1980.

151 . Kljajic,M.t TmkoczyA "A study of adaptive control principle orthoses for lower extremities.11

IEEE T. Qn< Systems, Mans, and Cybernetics SMC-8,4 (April 1978), 313-321.



60

152. Koozekanani,S-H.} McGhee,R.B. "Occupancy problems with pairwise exclusion constraints -
an aspect of gait enumeration." Journal of Cybernetics 2, 4 (October 1973), 14-26.

153. Koozekanani,S.H., Stockwel^C.W., McGhee,R.B., Firoozmand,F. "On the role of dynamic
models in quantitative posturography." IEEET. Blomedical Engineering (1980).

154. Kugushev,E.L, Jaroshevskij,V.S.. Problems of selecting a gait for an integrated locomotion
robot. Institute of Applied Mathematics, USSR Academy of Sciences, Moscow,.

155. Larin,J.B. "Stabilization of biped walking apparatus." Izv. AN SSSR, Mekhanika Tverdogo Tela
11, 5 (1976), 4-13.

156. Larin, V.B. "Control of a jumping robot, I. Choice of programmed trajectory." 74, 6 (1979), 27-
32.

157. Leimanis,E.. The general problem of the motion of coupled rigid bodies about a fixed point.
springer-Veriag, 1965.

158. Liberson, W.T. "Biomechanicsof gait: a method of study." Arch. Phys. Med. Rehabilitation
(January 1965).

159. Lindholm,L.E.9 Oberg,K.E.T.. An optoelectronic instrument for remote on-line movement
monitoring. Chalmers University of Technology, Goteborg, Sweden,.

160. Liston,R.A.. Walking machine. 1965 Annual Meeting of the American Society of Agricultural
Engineers, University of Georgia, 1965.

161. Liston,R.A., Mosher,R,S.. A versatile walking truck. , Washington, D.C., 1968.

162. Lyon, Richard F. The Optical Mouse, and an architectural methodology for smart digital
sensors. Palo Alto Research Center, 1981.

163. Mackerle,J. "Walking riders." 7-68 12 (1968), 776-777.

164. Manter?J. "Dynamics of quadrupedal walking." J. of Experimental Biology 75,4 (October
1938), 522-539.

165. Matsuoka,K. A model of repetitive hopping movements in man. , Proc. of Fifth World Congress
on Theory of Machines and Mechanisms, 1979.

166. Matsuoka,K. MA mechanical model of repetitive hopping movements, (In Japanese)."'
Biomechanisms 5 (1980), 251-258.

167. McGhee.R.B.. Finite state control of quadruped locomotion. Proc. of the Int. Symp. on External
Control of Human Extremities, Dubrovnik, Yugoslavia, 1967.

168. McGhee,R:B. "Finite state control of quadruped locomotion/1 Simulation (September 1967).



61

169. McGhee,R.B. "Some finite state aspects of legged locomotion." Math. Biosciences. ,2
(February 1968), 67-84.

170. McGhee,R.BM Frank,A.A. "On the stability properties of quadruped creeping gaits." Math.
Biosciences. , 3 (1968), 331-351.

171 . McGhee,R.B., Frank,A.A. "Some considerations relating to the design of autopilots for legged
vehicles." J. of Terramechanics 6.1 (1969).

172. McGhee,R.B., Kuhner.M.B. On the dynamic stability of legged locomotion systems. In
Advances in External Control of Human Extremities, M.M. Gavriiovic, A.B. Wilson Jr., Eds., ,
Belgrade, 1969, pp. 431-442.

173. McGhee.R.B.. A mathematical theory for legged locomotion systems. Proc. 1970 Midwest
Symposium on Circuit Theory, 1970.

174. McGhee.R.B., Jain,A.K. "Some properties of regularly realizable gait matricies." Mathematical
Biosciences 13, 1/2 (February 1972), 179-193.

175. McGhee.R.B., Pai,A.L "An approach to computer control for legged vehicles." J.
Terramechanics 7 7 (September 1972), 9-27.

176. McGhee,R.B., Orin,D.E.. An interactive computer-control system for a quadruped robot Proc.
Symposium on Theory and Practice of Robots and Manipulators, Udine, Italy, 1973.

177. McGhee,R.B., Sun,S.S.. On the problem of selecting a gait, for a legged vehicle. Proc. of VI
IFAC Symposium on Automatic Control in Space, Tsakhkadzor, Armenian SSR, U.S.S.R., 1974.

178. McGhee,R.B., Buckett.J.R. "Hexapod." Interface Age (June 1977).

179. McGhee,R.B. "Adaptive locomotion of a multilegged robot over rough terrain/1 IEEE Trans,
Systems, Man, and Cybernetics &MC-9% 4 (April 1979), 176-182.

180. McGhee,R.B., lswandhi,G.I. "Adaptive locomotion of a multilegged robot over rough terrain/'1

IEEE, L on Systems, Manf and Cybernetics SMC-9,4 (1979), 176-182.

181 . McGhee,R.B.< Koozekanani,S.HM Weime^F.C, Rahmani,S. Dynamic modelling of human
locomotion, , Proc. of 1979 JACC, 1979.

182. McGhee.R.B. Robot locomotion with active terrain accommodation. , Proc. NSF Robotics
Research Workshop, Univ. Rhode Island, April, 1980.

183. McKenney,J.D. Investigation for a walking device for high efficiency lunar locomotion. Tech*
Rept. Paper 2016-61, American Rocket Society Space Flight Report to the Nation, New York, 1961.

184. McMahon, T.A. "Using body size to understand the structural design of animals: quadrupedal
locomotion.** Journal of Applied Physiology 39 w, 4 (1975), 619-627.



62

185. McMahon, T.A. "Scaling Physiological Time." American Mathematical Society 13 (1980), 131-
163.

186. McMahon,T.A., Greene,P.R. "Fast running tracks." Scientific American

187. Melvill-Jones, G. and Watt, D.O.D. "Observations on the control of stepping and hopping
movements in man." J. Physiol. , 219 (1971a), 709-727.

188. Melvill-Jones, G. and Watt, D>O.D. "Muscular control of landing from unexpected falls in man."
J. Physiol. , 219 (1971b), 729-737.

189. Mihaj!ov,D., Chang,C.W., Bekey,G.A., Perry,J. "Computer graphics in the study of normal and
pathological human gait." Medinfo 77 (1977), 561-564.

190. Miller,D.I., Nelson,R.C.. Biomechanics of sport. Lea & Febiger, Philadelphia, Pennsylvania,
1973.

191. Milner,M. et al. "Angle diagram in the assessment of locomotor function." S.A. Medical
Journal 47 (June 1973), 951-957.

192. Milner,M., Brennan.P.K,, WiIberforce,C.B.A. "Stroboscopic polaroid photography in clinical
studies of human locomotion." S.A. Medical Journal 47 (June 1973), 948-950.

193. Miyazaki, Fumio. A Control Theoretic Study and Dynamic Linked Locomotion. , 1980.

194. Mocci,U., Petternella,M., Salinari,S. Experiments with six-legged walking machines with fixed
gait. Tech. Rept. Report 2-12, Institute of Automation, University of Rome, June, 1972.

195. Morrison,R.A. Iron mule train. , Proc. Off-Road Mobility Research Symposium, Washington,
D.C., 1968, pp. 381-400.

196. Morrison,J.B. "The mechanics of the knee joint in relation to normal walking." J.
Biomechanics 3 (1970), 51 -61.

197. Momson,J.B. "The mechanics of muscle function in locomotion." J. Biomechanics 3 (1970),
431-461.

198. Morton,D.J.. The human foot. Columbia University Press, New York, 1935.

199. Morton,D.J.. Human Locomotion and Body Form. , University of Columbia, Baltimore, 1952.

200. Mosher,R.S. Design and fabrication of a full-scale, limited motion pedipulator. General Electric
report, 1965.

201. Mosher,R.S. Test and evaluation of a versatile walking truck. , Proc. Off-Raod Mobility
Research Symposium, Washington, D.C., June, 1968, pp. 359-379.

202. Murray,M.PM DroughtA.B., Kovry,R.C. "Walking patterns of normal men/' J. Bone & Joint
Surg. 46~A, 2 (1964), 335-360.



63

203. Murray,M.P. "Gait as a total pattern of movement11 Am.J. Phys. Med. 46, 1 (1967), 290-333.

204. Murray,M.P., SeirigA, Schoiz,R.C. "Center of gravity, center of pressure and supportive
forces during human activities." J. of Applied Pysiology 23,6 (December 1967), 831 -838.

205. Muybridge,E.. The human figure in motion. Dover Publications, New York, 1955. First
published in 1901, Chapman and Hall, Ltd., London,,

206. Muybridge,E.. Animals in motion. Dover Publications, New York, 1957. First Published in 1899,
Chapman and Hail, Ltd., London

207. Napser,J. "The antiquity of human walking." Scientific American 216, 4 (1967), 56-66.

208. Narinyani.A.S., Pyatkin,V.P., Kim,P.A., Dementyev,V.N. "Walking robot: a non-deterministic
model of control."

209. Nashner, L.M. "Adapting reflexes controlling the human posture." Experimental Brain
Research 26 (1976), 59-72.

210. Navinyani,A.S.f Pytkin,V.P., Kim.P.A. Walking robot: a non-deterministic model of control. ,
Siberian Brnch, Novosibirs,.

2 1 1 . Nilson,F.A.. Supporting and Propelling Mechanism for Motor Vehicles. , 1926.

212. Okhotsimskii,D.E., PIatonov,A.K., et al.. Control algorithms of legged vehicle capable of
mastering obstacles. Proc. of 5th IFAC Symp. on Automatic Control in Space, Geneva, 1973.

213. Okhotsimskii.D.E., PIatonov,A.K.. Control algorithms of the walker climbing over obstacles.
Proc. 3rd IJCAI, Stanford, California, 1973.

214. Okhotsimskii,D.E., Gurfinke^V.S., Devyanin,E.A., Platonov,A.K.. Integrated walking robot
development. Institute of Applied Mathematics, USSR Academy of Sciences,.

215. Orin,D.E. A simulation study of a computer-assisted manual control system for legged vehicles.
Master Th.f The Ohio State University, Columbus, Ohio,, December 1972.

216. Orin,D.E. Interactive control of a six-legged vehicle with optimization of both stability and
energy. Ph.D. Th., The Ohio State University, Columbus, Ohio, March 1976.

217* Orin,D.E., McGheeJR.B.} VukobratovicM. "Kinematic and kinetic analysis of open-chain
linkages utilizing Newton-Euler methods/1 Mathematical Biosciences 43 (1979), 107-130.

218. Orin.DJEM OhtS.Y. "Determination of joint positions from limb segment constraints in robotic
systems/' Proc of Fifth World Congress on Theory of Machines and Mechanisms (1979), 860-863.

219. OrinJD.E. "A three degree-of-freedom leg1 for a hexapod locomotion vehicle." (1980).

220. Orin,D.E. XARM: General-purpose subroutine package for robot linkage systems simulation."
(1980).



64

221. Pai,A.L Stability and control otlegged locomotion systems. Ph.D. Th., The Ohio State
University, Columbus, Ohio, 1971.

222. Pearson,K. "The control of walking." Scientific American (December 1976), 72-86.

223. Pedotti,A., et.al. "Optimization of muscle-force sequencing in human locomotion." Math.
Bioscience 28 (1978), 57-76.

224. Perry,J. Foot floor contact guide. Rancho Los Amigos Hospital Kinesiology Service.

225. Petternella,M., SalinarLS. Six legged walking vehicles. Tech. Rept. Report No.74-31, University
of Rome, 1974. Istituto di Automatica, Rome Italy

226. Plagenhoef,S.. Patterns of Human Locomotion: A Cinematographic Analysis. Prentice Hall,
Englewood Cliffs, New Jersey, 1971.

227. Raibert,M.H. "A Model for sensorimotor control and learning." Biol. Cyber. 29 (1978), 29-36.

228. Raibert, M.H., Horn, B.K.P. "Configuration Space Control." The Industrial Robot (1978), 69-
73.

229. Raibert,M.H. Dynamic stability and resonance in a one legged hopping machine. Conference
on Theory and Practice of Robots and Anthropomorphic Systems, IFTMoM, September, 1981.

230. Ralston,H.J. "Energy-speed relation and optimal speed during level walking." Int. Z. Angew.
Physical Einsch. Arbeits PhysioL Bd. 17 (June 1958), 277-283.

231. Ralston,H.J. Energetics of human walking. In In Neural Control of Locomotion, R.N. Herman,
S.Grillner, P.S. Stein, D.G. Stuart, Eds., Plenum Press, New York, 1975, pp. 77-98.

232. Roberts,W.M., Levine,W.S., ZajacyF.E.,lll. "Propelling a torque controlled baton to a maximum
height." IEEE t Automatic Control AC-24, 5 (1979), 779-782.

233. Robinson,D.J., Stockwell,C.W.s Koozekanani,S.. A method for evaluation of vestibular postural
control in humans. , Boston, Mass., 1976. 29th ACEMB

234. Rugg,L.A.. Mechanical horse. ,1893.

235. Saltzman,E. "Levels of sensorimotor representation." J. Math. Psychology 20, 2(1979).

236. Saunders,J.BM Smma,V.T., Eberhart,H.D. "The major determinants in normal and pathological
gait." The Journal of Bone & Joint Surg. 35-A, 3 (July 1953), 543-558.

237. Schneider,A. Yu., Gurfinkel,E.VM Kanaev,E.M., Ostapchuk,V.G. A system for controlling the
extremities of an artificial walking apparatus. In Russian Report No.5? Physso-Technical Institute,
1974. General and Molecular Physics Series, Moscow, USSR

238. Schwarts,R.P., Heath,A.L., Morgan,D.W., Towns,R,C, MA quantitative analysis of recorded
variables in the walking patterns of normal adults." J. Bone & Joint Surg. 46-A (1964), 324-334.



65

239. Seifert,H.S. "The lunar pogo stick." J. Spacecraft and Rockets 4,7 (1967).

240. SeifertH.S. Small scale lunar surface personnel transporter employing the hopping mode.
Tech. Rept. Report No.397, Stanford University Dept. Aeronautics and Astronautics, 1968, 1970.

2 4 1 . SeiregA, Arvikar,R.J. "A mathematical model for the evaluation of forces in lower extremities
of the musculo-skeletal system." J. of Biomechanics 6 (1973), 313-326.

242. Severin;F.V., Orlovskii,G.N., Shik.M.L "Work of the muscle receptors during controlled
locomotion." Biophysics 72, 3(1967), 575-586.

243. Shigley,R. Mechanics of walking vehicles. Tech. Rept. Report No. 7, OTAC, Detroit, Michigan,
1957. Land Locomotion Laboratory

244. Shik,M.L., Orlovskii,G.N. Coordination of the limbs during running of the dog. Institute of
Biological Physics, April, 1965. Academy of Sciences, Moscow, U.S.S.R.

245. Sindafl,J.N. "The wave mode of walking locomotion." Journal of Terramechanics 7, 4 (June
1964), 54-73.

246. Smoliar, Stephen W.. A lexical analysis of labanotation. University of Pittsburgh Tech. Report,
July 1978.

247. SnelIfE.. Reciprocating Load Carrier. , 1947.

248. Speckert, Glen. "A computerized look at cat locomotion or one way to scan a cat." , A.I.

Memo 374 (July 1976).

249. Stewart,G.W.. Introductions to matrix computations. Academic Press, New York, 1973.

250. Steindler, A.. Mechanics of normal and pathological locomotion. Charles C. Thomas,

Springfield, IL, 1935.

2 5 1 . Stepaneko,Y. Dynamics of complex mechanisms. Mathematical Institute,. Belgrade

252. Stuart,D.GM WitheyJ.P., Wetzel.M.C, Goslow,G.E.tJr. Time constraints for inter-limb
coordination in the cat during unrestrained locomotion. In control of posture and locomotion, New
York, 1973, pp. 537-560.
253. Sun,S.S. A theoretical study of gaits for legged locomotion systems. Ph.D. Th., , 1974.

254. Tomovic,R. "On the synthesis of self-moving automata." Automation and Remote Control26
(February 19-5).

255- Tomovic,R. "A general theoretical model of creeping displacement." Cybernetics, IV (1961),
98-1G7, English translation

256* Tomo¥ic;R.f Karplus,W.R., Land locomotion « simulation and control., Opatija, Yogoslavla,
1961. Proc. Third international Analogue Computation Meeting



66

257. Tomovic,R., McGhee,R.B. MA finite state approach to the synthesis of bioengineering control
systems." IEEE Trans, on Human Factors in Electronics 7, 2 (June 1966), 65-69.

258. Tomovic,R., Bellman. "Systems approach to muscle control." Math. BioscL 8 (1970).

259. Trnkoczy,A., Bajd,T., Malezic,M. "A dynamic model of the ankle joint under functional
electrical stimulation in free movement and isometric conditions." J. of Biomechanics 9 (1976), 509-
519.

260. Urschel.W.E.. Walking Tractor. , 1949.

261. VukobratovicM,, Frank,A.A. Legged locomotion studies. In Advances in External Control of
Human Extremities, M.M. Gavrilovic, A.B. Wilson Jr., Belgrade, Eds., , 1969, pp. 407-430.

262. Vukobratovic,M., Juricic\D. "Contribution to the synthesis of biped gait." IEEE Trans, on
Biomedical Engineering BME-16 (January 1969).

263. VukobratovicM., Frank,A.A., Juricic',D. "On the stability of biped locomotion." IEEE Trans, on
Biomedical Engineering BME-17 (January 1970).

264. VukobratovicM., Juricic\D., Frank,A.A. "On the control and stability of one class of biped
locomotion systems." Trans. ASME Journal of Basic Engineering (June 1970), 328-332.

265. VukobratovicM. "Contributions to the study of anthropomorphic systems." Kibernetika >2
(1972).

266. VukobratovicM., Ciric,V., HristicD., Stepanenko J . Contribution to the sudy of
anthropomorphic robots. , Paper 18.1, Proc. IFAC V World Congress, Paris, 1972.

267. Vukobratovic,M.5 Stepaneko,Y. "On the stability of anthropomorphic systems." Mathematical
Biosciences 14 (October 1972), 1-38.

268. VukobratovicM. "Dynamics and control of anthropomorphic active mechanisms." (1973),
313-332. First CISM-lFToMM Symposium on Theory and Practice of Robots and Manipulators

269. VukobratovicM., Stepaneko,Y. "Mathematical models of general anthropomorphic systems.11

Mathematical Biosciences 77(1973), 191-242.

270. VukobratovicM., et al. "Development of active exoskeletons." Medical and Biological
Engineering (1973).

271. VukobratovicM., HristicA, Stojofjkovic,Z. "Development of active anthropomorphic
exoskeletons." Medical and Biological Engineering (January 1974), 66-80.

272. VukobratovicM.. Legged locomotion robots and anthropomorphic systems. Research
monograph, Institute Mihialo Pupin, Belgrade, Yugoslavia, 1975.



67

273. Vukobratovic,M. Legged locomotion robots: mathematical models, control algorithms and

realizations. ,1975. Unpublished report

274. Vukobratovic,M., Okhotsimiskii,D.E. "Control of legged locomotion robots." Proc 1975IFAC,

Plenary Session (1975).

275. Vukobratovic,M, HristicA, Stokic\D., Gluhajic'.N. "New method of artificial motion synthesis

and application to locomotion robots and manipulators." ().

276. Wetzel,M.C., Atwater,A.E., Stuart.D.G. Movements of the hindlimb during locomotion of the

cat. In Neural control of locomotion, R.N. Herman, S.Grillner, P.S. Stein. D.G. Stuart, Eds., Plenum

Press, New York, 1975.

277. Wiltiams,M., Lissner,H.R.. Biomechanics of human motion. W.B. Saunders Company,

Philadelphia, 1962.

278. Wilson,D.M. "Insect walking." Annual Review of Entomology 11 (1966), 103-121.

279. Wilson,D.M. "Stepping patterns in tarantula spiders." J. Exp. BioL 47 (1967), 133-151.

280. Winter,DA, Greenlaw}R.KM Hobson,D.A. "Television-computer analysis of kinematics of
human gait" Computer and Biomedical Research 5 (1972).

2 8 1 . Wirta,R.W., Herman.R.. Some observations of relations among gait variables. ,1975. Krusen
Center for Research and Engineering Temple University, Moss Rehabilitation Hospital, Philadelphia

282. Witt.D.C. A feasibility study on automatically-controlled powered lower-limb prosthesis.
University of Oxford,. Department of Engineering Science Report

283. Wittenburg,J.. Dynamics of systems of rigid bodies. B. G. Teubner, 1977.

284. Yang,P. A study of electronically controlled orthotic knee joint systems. Ph.D. Th., The Ohio

State University, Columbus, Ohio, 1976.


